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dglbogomo

Hr3mmemzonto boghob aobbmBomgdaol 36538 ghm-ghmo 9mog-
Agbos 03638 pMmgy Lodmagmud HmimmegosBo JoGzgmo s Yag-
by baymgogho psjjemggdgde, dmdmgdos Bgdmamdde wagem 9§
geoboggdo 063smasbGgdol aobbabrg@gdgdl gyumgbol o, dmange-
6mb, . magdgal s o IPobgetigh. 3 dmm3o6md o o Igobgamgd By-
6096l 3>6bmAngmgdol Bobgrgom Loghgms Jmsbogagsoob Bgbad-
mgommds 0brygjgogde Sowmamdel Lagydggmby, beme o mgdgy-
35-LogM(39g00l, Magobe B3aMy sgsMgems RgHopmdob Lsdysimg-
o 58 o gntiggdoms bagmdggmby aobobabrgds bLalo asbbmdogng-
S0l 0bgoMosbdo oo 0brygdaog@ol [smobodbgds Ind-om (s dcayg-
6o, g Bgbo)], gocg obpyjaoumel-ind (3§ 38g633M0, g 7Mobmbo) s
3M3B0bodm@gmoal-dim (3. gdobmbo, g Agbo).

dimX, IndX, indX 56%mBomgdol gubiiogdl B dramddo gfmes
Jsmaboggmo gobbmdommgdal 0bgoosbBgdo Bmgoygebmm o8 obgstosk-
Bgoob p6Lobmgmgdgdo:

L

D odogmo Loghgobogel X <0 o Sbmmmg Sobmgob g9dggdm,
6m8 IndX =-1;

2) Ind X <n, o 6gd0bBogdo Rsggdommo Jaggbeddogmobogob Fo X

> 3obo 6gdobdogdoe mos U dosdmbmgol  s@lLydmdl  wos Bogsim
v, n’.xgmn, ®md FcVcUgws IdFr¥ <n-1

3) IndX=n, oy bsdsdmmosbos PHmmmds Ind X'<n s @ >tob

Lads@mmosbo gmmmds IndX <n-1.



4) IndX=+, oy gdmmeds Ind X<n o6 @b Ladstmgosbo
>é3gMmo dogmo n2-1 Gogbgobsmgeb.

11
« D gofingemo Loghigobogol X=@ s dbomee Sologol 3993500,
@md indX =-1;

2) indX <n, oy gmggmopeX Fydhdoamobomgol @s Gobo mas U
dosBmbomgol  dmadgdbgds mos  Bogsdm ¥ Godmobngobsg
peVclU > indFr¥V<sn-1.

3) ind¥=n, oy bodsdomasbos gHmmmds indX Sn @ o6 >6ab
baBstmamasbo PHmmmds indX <n-1.

4) indX=+o, oy 9ommmds iNdX<n o6 >Gob ba‘aaﬁmr\nnoﬁo.
3M3-9fmo  n2-1 dmngmo Moibgobomgols

IIL

D dim X =1, édngs X 4J;

2) dimX<n , o9 X Lloghgol b6gdobdogh Lobeigm o> Q
feogamgzaBo Bgodmgds Boofghml Lobégmoe mos @ Esgstgs, Gma-
mob gghopmds Sn+l-bg

3) dimX =n, o badstiongmasbos PGmmmds dimX <n s oG stab
badsthogmasbn g@mmmds dimX <n-l.

4) dimX =+o,my PHmmemds dimX <n o ool bsdstmmosko
33-ghmo  n2-1 dmgmo @ogbgobogob.

oogresdomggmore g 93633%8s [50] ws 0. gobmbds [31] (3GHmBs-
Bgmolioghb @s8meugomgdmom) w039t 3obbmlomgdel mgmées o -
dM33:J8H 3ghmobgdem Loghpgos ymobdo. Lfmdgre Loghggms o3
gmobolomgol ogm  oddgoagdymo oo Bogd dimX =Ind X =ind X



Bmemmds, xodob mgmdgds, Yggtgdol mgm@gds, @sBmal  Fgbobgd
ngmmgds, wmystondymo jobmbo s o.9.

BgdeamdBo g. Igdggofols [45,46) m> @  Gydsdgnbol [54,55)
UHm3gd80  pobbmBomgdal  mgmdoal  yggens  dotamsmo  mgmeigls
29630 3mBommo ogm mgmoEdsboboob Loghggms gmobby Bsm 8oy
bog@hgms o8 yamsbobsmgob oyem bobgghgde dimX = IndX= indX
OMmemds s ob godde, @md Ind 236BmBogngdelb gubjaoest (o
5Bobosdy dim o ind g96d3esdbsia) ofgb YgBrgae mgolgdgde
(Gmdgmmsz  Fgdpamdde gfmps 3obbmdogngdol  gubjpegdol
dodomse mgolgdgda)

1. 0Bbgsnsb@mdol mgobgds (= og X 3Imdgmdméggmos Y-ab,

85306 Ind X =Ind Y);

2. 6m@docigdol mgobgds (= Ind E”=n boog E£7'=0, E°-yhofye-
Bosmasbo boghgs, bowme E', Gmgs 221 n-356bmdomgdesto
233520RYb bogao);

3. dmbmPmbymmdab mgalgds. (= g XY, 35906 Ind X <Ind V),

4. ogemoo sagoghicdeb agobgds. (= oy X=0A,, begeg A,
Bsggdomas X-30 4mggsmo i=12, , 85306 IndX=
=sup{Ind 4,,i =1,2,..., });

5 Lydopogentmdol ogobgds (= og X=4UB, 3906 Ind X <
IndA+Ind B +1),

6. oBmolb ogolgds. (= oy IndX =n, 35Tob X=:L_J‘:XI, boa3

X,NX)=@, dogs i#jeslnd X, <0 ymggemo i=1,.,n+1);



7 mopstondgme  ogobgds. (= X > Y Loghggos
Bodmogmobomgol IndXxY sIndX +IndY, @mgs o6 X =20,
o6 Y #0);

8 G, wogomzpmdol mgobgds. (= oy XcVes IndX =n, 3530b

3Lgomdl ¥-Bo G, §odob boddsgmg H olgmo, @md XcHCY
o IndX =Ind H);

9 Jmddsj§ogagegeol mgobgds [= ymggmo X -obogob s@ALdmdL
JM33sJ8um0  pogedomgds bX obgme, Gmd o(X)=o(bX)= Ny,
boge Ind X=Indb X.

3 99639M0L ©> o dy@ggohob IGmIgdde [47] wobsdsde Jogzs dgb-
Fogeal 0beydaog® 3s6bmdompdems g9bJogdol aabbmpsmmgdabs,
Gmlgmoa  roggdbgdgmos  Bgdmgy orgeby indX s Ind X gyb-
Ji30gdol  goblabmgmgdobsl sdmbogsm TadGomor Bomgdgmos ol
Bodn, GmB @otagm Loghgl o> dbomep b ofgh indX =-1 ps
IndX=-1 s o80b bogydggmby adbobabpghgds JmEmmdgde
indX<n gsIndX<n gmggemo n-obsmgol, Loweg #> —1. BspMed oy
ind X go Ind X gpgbj30gdob aoblobmgmgdobol s8mbsgosm Fa@m@osmore
BogoBbggm ot opGompdmse  @oMogm  Log@gl, s@aBgm o6
goJlodgdgmo Loghgob Jagboghggos @Gsody gamoll, o6 bogéggme
Gooly  gamobl, Tgpgodmos  Bogopemn  JpGo bmpsmo  396gdeb
063o%056§g30. >8obmsb, obsmmpos  y3bbmdoggdal  mgm@asbmsb
LsTgomgdsl agadanggb spdmgsbelme dgmmmgde, Gmdmgdog Fok-
BoGgdon aaa(lnoggﬁabo 08 30mdmgdgdol aomabafygadom, MmBmmgdagy

g ©(X) smboBbogh X bogegoel Fmbab



‘godangds oAz go 3nyygmabrdmmegl Lsgmmmog as6bmBomgdol mgm-
@ool.

2308 83 dedodmgmgdon 0bGgblogmo ggemggol m3ogddgdes ob-
3H036§gd0, @mdmgdei Y BmPbomos ©o Ygbfogmogmos x  soG-
Bbob [35] o> 3. Bdogmodob [6] (abgsmosb@o In(X M) — 5§ obpyiaoe-
960 @ogo o6%mBnmmgds gmslms B Smgymon), ©FptmGb, § 6o-
Bogsb[52] s o mgmggob [20] (0bgatiosbFo in(X@) — abgygiaogho
Agomy aobbmlogmgds jmolms B Amgyenom), © spbsmgggohol [36]
(06got0sbGo dm X), s >@bobagembgob [10] (0bgsmosbgo Dind X), L.
dmpodol > 3 boBBosTgomol [7] (0bgschosbdo Indr X), 3 gob
m7g6ab [39] (0bgstinsbdo sub dX), @ Jgbrg@limbal [44] (D - gobbm-
domgds), M. sl [41] (obrydaeg@e obgodosb@gdo wsgdbgdagmo
Tovdomas mo hoggdome Loddsgmgms  bobdgdgddby), 3. gosmo-
Ygomob  [9]  (Rodm3mmmponcin  obgotosbdgde  Ind(X,mm) o
ind(X,n,m), m Bsdsbodol [12,13,14,15] (0bgstnabGyde Dim(X, P), v.X,
dimX, dir X, I(X)), ». bodgmob [17] (0bgomosbdo dX), o. ogsbmgob [18]
(n6g>036@0 ¥ dim X), 0. mogsbmgol [21] (ebgocosbdo IndrX), o e-
J9G0gabgob [22] (0bgs@masb@goe ind’X s Ind'X), b BarmmgBofiol [48)
(06gor0ob®o Ind(X,P), bapsg P gmbdobogdgdeb jmslos), & m@dm-
3odol [24] (0bgodosbdo IndX), 3. 3sLobgmgol [25] (0Bgstinsb@gdo
oind, olnd, urg, Ung, Id), o. L3o@Abmgob [30] (obgonsbGade 8X s Ird)
> Lbgoms 8og@

36g3g%0 > RIdYmgdgde, Gmimades 8mygsbommas Ygdegy Bmbmy-
thogngdBo. A. B. Apxanrensckuit v B. V. TloHomapes Octosbl o6weft To-
nonoruy B 3aja4ax M ynpaxsewusx M., “Hayka”, 1974 r, I1. C Anek-

cauapos M bB. A, TaceinkoB. Bsenenne B Teopuio pasmepHocti. M,



“Hayka”, 1973 r., P. Durenxunr. “O6was rononorus” 1986 r. wobyd@agosdo
253moygbgds (oHodigdol oMyl bmmm ob (36gdgdn ws EgdY-
amgdgdo Amdmgdos o6 stab Bmygsbommo 59 Smbrphagegdomwst gho-
Bo 83063, mogdmydomos bogobghdogom 653Gmdols Jodmggm msgBo

063>@0368 00, (XA > XE)  boglomp @ofghomgdomss dglb-
Fogrmomo xo80l, SmbmGmbymmant, Bgg@mgdol, poUmarpmdal ms 5.3
sbogmmpon@e mgolgdgdol smaghob mgsmbsbmoboo.

Bogrmgdoe Lfsgmamas 58 4630930l gmesdaage GmImmmyos
gho  aoddogmadol EAmb (0 oG begogmom o anganggeb [20],
m boddsbodol [14] wo 3. ©osdmbrob [38] Bgrgagdl, Gmdmgdlowss
papagbomos Gm3mmmpogth Loghgos badmsgmol 3ghogghogman
383519 9%mdob (go. in(XxY, MI<0) bsgdstinbo Jommdgda).

Laeobghdogom 6530m3Bo  msfgMomadon  Jgobfogangds in(X,M)
A96J300b  gmysiaage OmImmmpog@o asdtsgangdol AML Logd-
(3900 bogdomm gothom M gaobob 3ndsdo.

bawobg@dsgem 6oWAmABo Ygobfagmgds syMgogg, dime X, Ind. X
> YX 0b35k05b8gd0L  gmgsdeazs Hm3mmmaegd  boghggms  be-
30g6m0  gmoligdabsmgal.

BpfepamdTo Rygh aodmgoygbgdm Fglwmgy smbodgbgol M. oQBn’HSash
939rms  gmA3sJHne Log@agms Jmsbl; Mn - gagems 8g8Mobgdse jmd-
35J876 Loghgms grobl, Mue- yaoms b gamymgomse 6mGAsmyao
JmB3oJHgdol gmobly  Ma-ggoems  gdYGegobol gmBladdms yemably
Ma-ggaems @opabrob gmddofdems groobls M yagms gmélbebob
JmB3adBos grmobl; B, - ggome ogesre Loghaggdeb gesbls e -
stbsbagmlgol Sbom yagm s mgmromdoposbo Loghggdol gmmably
Meon - 339 boghggms  gsmoll, M - gLgRmgmddsfygn Loghggms



groobly M - ogmoarymidadBad  boghggms  gemobly M -
3o653m835]HM  Loghggms  jamobly My - Lpbdor Jotogmddady g
bogdggms grasbb.

« YmAg oogol Jodggm Ishsa@egTo aabobomgds bLagombo . g
3%mfo - o mgmggo - § Googdsl (XA 0bgstasbGob ygmasiay
gob YPLobgd  Gm3mmmpog® boghagms 3eddsgmgdel E@mb odgy
dmygobogmos Ygdgae pobbsbdmgdgdgde

256Lbabmgdigds 2.LL gojgem, M bagbgdoo Ggagmsdigmma  bogh-
3gs gmobol Msndy Gm3mmmpoygmse haggdomo Jiggmobos (g X
dndgmdméggmos Y-obs 85806 Xe# 85306 @> Fbmememge 8506,
GoEe Ye®) spgbaBbmm loc Bl-om jrosbo yagans 08 Loghzggdebs,
GeBgmas Bglmgan ogobgds ofgl: Xeloc @, 8Bob > dbmemmpe
85306, Goglsg X boghaab ygmggeroe x Fyddomologob s doboe
ymggmo 0, Bosdmbogol s@lgdmdl X-3o wmos dopsdm ¥, olbgma,
o8 xeV, c 0, @ [V,), M

356Lobmgmgds 2.12. bogbgdem Goaammotige Loghggms gmabob R
Jaasmoabl  gfogds dmadama, oy Yuégmgdames Fgdpgae do-
Hmdgdo.

1. B em3mmegoghse hogadomos;

2. M c- Imbm@mbgdos (=oy Xe®] ©> 4 hoggdomos X ~Fo, 3590b

Ae®);
3. 0y Xewll s> ¥ boghgg X Loghgeb 9Fygado sBobobos, 85Bab
Ye®.



2o6bobmgigds 2.13. lLoghggms M gansbl gfmegds dgenGodgro-
358%0, oy Ygbrgmgdgmos FgBrgae Jnmmdgde:
1 B o3mmmpogtise hoggdomos;
S 2. oy Xe®] > Yel], 35306 XxYeM, Lops3 XxY-om >mbodbygmas X
©> ¥ mimmmyogd Loghggms boddogmo (396gdcogo dmdm-
@M00m).

2o6bsbmgdgds 214, Logdggms B genobl  gfmmgds  Lybdem
dpatogo, o7 dob ofgb  gdgae mgolgds. oy S+ X o ¥-by AFy3ado,
Boggdommo sbobgss > oy Xe, 85B0b YeM]

33goasgde Igdrgpe ogmAgBgde s Fgrapgde
ogmegds 211 gojgem, Z=XxY, bypsg X @Y dmimmmyegho bog
(399005, ¥ 3dgmo ymBdsddes o in(AxYAD=0, bypsg M Ubgbhor

dmadopn gmsbas, 5906 Xeloc M.

Ygogae 211 og Z=XXY, bageg X me Y dmimgpergegde
bogmzggdns, ¥ 3dgmo gmB3sjdes o in(XXY, Meon}=0, 35Bab Xeloc Meon

Ygrogae 212 o Z=XxY, bopsg X mo ¥ @edmmepegéo
Logdgggdos, ¥ ddgmo gmd3sdfos o in(XxY, Bp)=0, 3>3ab Xeloc M.

Bgroga0 ?.13. oy Z=XxY, lLopsg X mo Y @mimgmepogéo
oghggdes, ¥ 38gmo 4mB3sddoo s in(XxY, Mewr)0, 85806 Xeloc Meor.



YPrgae 214 oy Z=XxY, boesz X s Y gemdmmeyondo
Log@3ggd0s, ¥ 33gmo gmddsddes @ in(XxY, Mp)=0, 85006 Xeloc My

- Boregae 215 of Z=XxY, bygesg X ms ¥ §mimmeyogho
bog@ggdes, ¥ 3dgma jmB3sddes ws in(XxY, My,)=0, 85306 Xeloc By,

gy 216. o Z=XxY, Lo X s Y @mimgempondo
Logé3ggdos, ¥ 38gma gmd3sgdos s in(AxY,M:)=0, 35T06 Xeloc B

Ygregao 2.17. godgem, X ddgmo  4mddside>  85To6  1)-3) 3o-
Gmdopsb  mgommgymo Fohdmopagbl  sygemgdam o bLogdsol
30Mm3sb X boghgeb 390dabgdspmdobsmgals

1) X'=XxXxXxX 3ghogghogmor Ag33gondgmdonse boddsmamas,

2) X=Xx Xx X Jgtogghonmsn  benmymeomsp bmedsmeamos;

3) X=Xx X Jgtogghogmon  d93G0bgdamos.

Boregan 218,  gofgsor, X ddymo gmB3siHos. Xx X Jodgadotio
653magmo  Fo@mBmoppgbl  dgdogghogmop  gdg@mmgobol  ymBdaddb
85T06 > dbmmmm 35906, GmEs X sl gdghengebob yma3sigo

Ugrgao 219 godzsm, X 3dgmre jmB3sIHos. XxX odmsdode 63
Gogmo  FotBmopaghl 3ghoggtonmsre gm@bmbol 3md3sJ§l 8sBob
> dbmmme 35806, GmEs X godbmbol jmddsidos



0gmhgds 213 godgem, M Apadspn, BgmEndmogsdato gmsbos,
AOM@eds InXXYI<0  Lodsdmmasbos 856 s dbmmep 35306,
Goegbeg Fghegmadgmos Bgdpaae mobo JoGmdopsb gro-ghono:
« 1. ind X=0, ind ¥=0;

2 Xeloc®, Yeloc ®:

3. Yeloc ®, ind Y=0 s in(X, #)<0;

4. Xeloc W, ind X=0 o in(Y, #)<0.

Bgmgae 2.110. in(XxY, M)<0 35Wob o dbmgmme 85B0b, Gemg> Tgb-
Gamadgmos Jagdma Rsdmmgmaomo mobo J0dmdarsb ghm-ghme

1 ind X=0, ind X=0;

2. Xeloc ®, Yeloc®;

3. Xeloc M. > ind X=0, boygne in(Y, M.)<O;

4, Yeloc M s ind ¥=0, beoygmes in(X, #)<0.

Bargao 2.L1L in(XxY, Bm)<0 8506 > Fbmmmpe 35806, Gmgs Ygb-
Ggmgdgmos  Jaglme RsBmmgmomo mmboe Jofmdapst ghm-ghmo

1 ind X=0, ind Y=0;

2. Xeloc B, Yeloc Bme;

3. Xeloc M o> ind X=0, besgwe in(Y, M) <0;

4. Yeloc M soo ind ¥=0, bergoe in(X; Mmc)<0.

Bgregao 2.112. in(XxY, My)<0 8506 o dbmpmmg dsTob, Gmizs Yb-
@amgdamos  Jgalmm Bedmagamomo mmboe Jodmdogsh ghe-ghono:

1. ind X=0, ind Y=0,

2. Xeloc My, Yeloc My,



3. Xeloc My s ind X=0, beogmes in(Y, My,) <0;
4 Yeloc My, o ind ¥=0, boagnem in(X, Myc)<0.

~ g0 2.1.13. in(XxY, M. )SO 8>Bob o bmmeme 85306, o Jgb-
Ggagdamos J338m0 Asdmmgmomoe mobo JoGmdapst gho-ghoa:

1. ind X=0, ind Y=0;

2, Xeloc M, Yeloc B

3 Xeloc M. o> ind X=0, bemgnem in(Y, M )<0;

4 Yeloc M oo ind ¥=0, begmer in(X, Mc)<O

Agregae 2.1, in(XxY, My )0 35906 @ Sbmmmp 85T06, A3
bBgmagdgmos Jggdme hsBmmgmome mobo Johemdogsh ghm-ghno:

1. ind X=0, ind ¥=0;

2. Xeloc My, YelocMy,;

3. Xeloc Ry, oo ind X=0, bogmer in(Y, My )<0;

4. Yeloc @y, oo ind Y=0, bmgorm in(X, By, )s0.

Agrogae 2.115. in(XxY, Me)<O 8506 mo dbmmmp 8506, Gos Ygb-
Hamagdamos J3g8mmn RsBmmgmomo mabo Jodmdegsh jRhm-ghmoe

| ind X=0, ind ¥=0;

2. Xeloc Meq, Yeloc Men;

3. Xeloc M, o5 ind X=0, beagmen in(X, Men)<0;

4. Yeloc Yy, gos ind Y=0, beygoe in(X, Men)<O

|
Bgmedg msgols dgmmg sdsptogide  FgabPsgmads wy aHmde -



mmgg0-60Boghsl  abgodosb@ob  gmepsdaze gmddsddut s K,
bog@ggme  msgoliggeme  Gmimmempogho xanpgdobs ©> Bobgged-
K393g%0b gamslda.

. 3Bgoimds:

0gmBgds 221 gojzom, M dpatope, IgmGedmoagedgno jmobos,
35306 X ULogdgoel msgobyggeme Gmimmeponto  S(X) Bobgget-
Ka930b  bogdobsmgal  in(S(X), M0 35Bab s> Tbmgnme 3506,
Om@s  ind X=0, 56 Xeloc M

BgBmGobogmos oblsbumgMgdgde

356LsbEgMgds 221 stomgmore X boghggl g¥mpgds M rsdmdo-
Bodgdapn, Lopsg M dm3mmepoghor Bsggdomo  gmobos, oY
gmggmme  X-Bo hoggdomo s@smgmswoe B boddagemolmgol agodgh
AM(B)gloc ) (AM(B)-mo smboB6gmos 8o6gmgolb sbdam msgobsge-
@0 2dgmob Gm3mmmyog@o X39P0)

0gmegds 222. gojiom, X shongmoge M-psInGodm@mgdspe jmd-
35J80s, Lowsg M Brpfiswe, IgmPodmogodade geosbns, 85Fab
T9dgan mgobgdgdo gygogormgbdados: 1) ind X < 0; 2) ind AG(X }<0;
3)indAM(X)<0;  4)in (AG(X).<0,  5)in(AM(X), M)<0;
6) IndAM(X)<0; 7) Ind4G(X)<0(336b%. ob I ;dgob §4-Fo).
mamﬁaﬂr 223, gonjgsm, X B-psBmmodmGgdspo Kq-boghzgs, Us-
o3 M Appdame, IgmGodmogedgee grmsbos, 35Tob gdpgan edm-



¥g00 ggg035mgbGatos 1) ind X <0, 2) ind FG(X)<0, 3) ind FM{X)<0, 4)
in(FG(X), M s0; 5)in(FM(X)<0,m) < 0

I 05380 aobobommgds m-gmB3sidné boghiggms jmabby asblsb-
p3@rgmmo  a6%mBogngdel Godob gabjizogdo, Gm3gmas g>dmygbydom
YgolFogangos beogsp Bdsgembobgmdsms as6bmBommgdoma mgobgdgde.
YgAmdobomos  biybor  dowobgdymo Loghsggdel gmobe, MmBgmog
3 3modbgmmmgol sbdom dowolgdg@o Log@aggdel [26) d+9bgddaege
256%mpopmgdes > YLFsgmomos Bome  gmysdaggs  L3g@osmgde
Gndob  (Bmbm@mbygde, mos) sbabggdel ML gobbmpspmgdgmas
3 3hmobgmmmgel mngm@gdgdo [26] Lgbdse  dogobydydo beg@g-
go0bamgol

dome FengdBo 0bGgblog@n ggerggob mdogdBo  aobms  gemobo-
$9%0 3o6bmBamgdel gbi3ogdel ymusdase dobbmpsmmgdnm ke
gombabgmdgdBo. ggtidme, 1992 §. 3 ggremébgiol @ g gommodmgeb
S0gch [32,33] spgdmmmo oym obgmo Bogdsmmomgdn ddsgsmlsbgmdgdobs,
Gedgmms  pobbmlomydgde  (dim-obs  @>  Ind-ob  sheom) of
Bnbggmebgb ggdme,  gmgamo 7 2 3-bogab  spgdgemo  ogbs
Bgomome  M*'  bmhdsmyto,  ogmoEse  gmalsdp@o  n-Gdo-
Jombabgmdol, Gmamob aobbmAomgds dimM”™ <IndM" 9g6e  ddog,
1993 §. ggoméhggds [32] gmggmo n 2 4, sdpm dopormomn gogghgh-
(3othgdspe  n-dhsgombobgmdgdols,  Gmigmmsg  yggers  doGomsgo
2°6%mBogngdgdn (go. ind, dim, Ind) Fygose-Fygomor ghmdsbymobagsb
3°5Lbgoggdmmos.  gb  BMegornlabymdgdn  Lagbgdem  Boddogyges,
ngmapsp jmddsdeato s g3 geeAgmdomer  bylsdadgmgos



5 dmmmb, 19937, 3. ggpm@higgds [32) 6gdollegho n 24 o> m2n-
0gol ss3m dspsmomn M™ n-8ksgomlobgmdol, Gmdmob  3o6%maa-
o>
. m-1sdimM*“sm s min-3<Ind M*™* <mn-1.

s8¢ogom, n-dkogommlobgmdgddn  gggms mos bLabigm psgeigaby
eog7dbgdgmo 3o6bmBogmgdol gubjes dim > yggmns BoggHom
Lodmogmgby eogndbgdyme Ind oo o6bmBomygdel §u6jizoob Hm-
BoJ3aze  Loglsmpe  sbmBsgmeg@os.

ombodbym  aotg8mgdalimsb  ogeglodgdom, Lanbdgmhgbm  bpgds
3399 dim-ob s Ind-0b sbommpoatgtio 9bjzogdebs, Gmdagdos omgs-
obfobgdgh dksgombabgmdsms boghzel b3gEognaggnh mgobgdgdl ws
53 mgombobiobomn 53 gybjogdol 360Bgbgmmdgdaiz n-0b Gmeanos

28 mogol Jodggm Isddp@ogdo ©dGgoaadgmos Ygdmgae mgm-
thgBgdo:

ngmigds 311 oy X stel megsmgise jmadsjdaco Loghag.
35806 dim pX=sup{dim@: P X > @ sthol ym3sJHo), boposg uX
BBMoRgbGsm—dmAodal Jmddsdyntoe ponsfnmydos

ogmégds 3.12. oy X séob n-356bmBogmydaste 3s6bmpspmadyme
dAogoambobgmds, 9oT06 sup{dim@:Pc X @> @ skob ymddsjGol=n.

ogmegds 3.13. o X stob n-3s6bmlogegdeste 3obbmpopmgdymme
d>goanlobgmds, 35906  dimeX=n .
|

0geegdsy 3.14. oy X otob n-pobbmdegmgdashn bberyammgdyme
IBogommbobgmds, AsT0b ind X=dime X=Ind X=yX=n,
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ogmigds 315 godgem, X oMol 3e6bmpspmpdnmo  §mImmm-
30960 1-3ogomlabgmds, 4 8obo 6gdobdngfio mmgsmmugdar JmBlsd-
dato  Jasbodhogmys (obrgaetigdgm Gmimmmpedn) s dime 4=n,

85906 4 g03agb Fopo FoPGoml

5730 S300mmos  dogogmoma  n—psbbemBogmgdosbe X 8@sgsar-
Lobgmdobs > Sobo A4 Jaglogdigebs, GmBmobogolsg dime A=n,
Bop@s8 4 o@ Ygoaegh sB3ghm Bogs Fahdoml X-ob dalotien

53 oogol Jgmeg stepdaniBo  dmygohommos  YgBpgan  goblat-
R3Ggd9d0"

256bsbmgdgds 321 3mB3sddud Loghgglb afmmegds bablagmosg
gm0, oy oge ForBmorpobgds Lobtigmo Gommgbmds 38mmo jmd-
3mbgbdgdab asghimasbgdals Loboo

256Lobmghigds 322, X bogAggb gfmmgds bgldsr dopobgdde, oy
gmggmo A s B Fygomobogol, bowsg 4 ©d B séamsbsdjggmn jmd-
3JHgd0s, sGlgdmdl ebgmo Lobégmem 3dgmo jmd3sghe M, Geid
X\M = x\U X, bopog XNX=D > AcXi, B

8§ 403gdgmmos Dgorga0:

mmgds 321 gmggemo dseolgddo X boghy bigbdomr dsmelgddies.

|
agmagds 321 oy f: X Y bégmymngome Smbmdmbyhe sliobges

°5 X bylb@om dspolgdos, 306 Y-o@ bgbdor dogobgddoo.



agemgls 322, oy X 3dgmos s U mos boBksgmmgs, Hmdmob
Lobmgado Lobtigmop 3dgmo Jmddsddos o [Ul o6 6l ddyma,
35306 [Ul-ab  gmggemo gmB33mbgb®s moss [U]-Bn.

ogm@gds 323. oy X 3d3mo s bLyLdo Jopabgdako boghge
®> O, o0l xeX Fghdomal obgmo dowsdm, GMBmol bobpgsde
bobimmop 30gmos, 83906 o3 x Fghomobsmgel Bmodgdbgds O,
3dgmo Jogsdm, obgme Gm8  0.'cO..

agengls 324. 3ghoggtenmere Jmdsidgte, 3dymo, Labdsr ds-
obgddo X bogh3g megomgnon ddgmos.



nsg0 1

bergagtimo L3ggosmygdo Godob Gmimmegegeio Loghaggdol
2> br309%00 3s6bmBoamgdol Godob g6zl Bglobgd

§1. 360936930

439mmo bogdzg, MmBgemai gobobomgds Logobyhdogom 653kmaTa
Jobemtgols s boghgdon Ggagmatgmos (= GobmEmgobas).

B93pmiBo M-00 (0bpgflom 56 Pobrgfimm) smeboB6gds Uog-
bgdoo Ggyumasdgm boghggos gmsbol Gmimmmgontoe Bojgdomo
303y Jgggemobo. (= go. o X ImBgmdmagnmoas Y-ob, 85906 Xe@ &
Ye®)

gmggmo X Gmiommaogde boghgobsogol gs 8obo 6gdabdeghe U
J3gtoB@agmabsmgols [U)-000 smoaB6gds U-b Bsggsgs X-Bn, borgmm
FrU-mo U-1b bobmgeto X-Bo

J309mm ggamaob gobampgdmadm Ugdmgae swbodgbgdem.

M. — smboBbogh yggme mB3sJHad Loghiggos garsll;

B — yggems IgdAobgdop JmBdsdda6 boghagms gamobl;

Bnc ~ yggeos bérgmmgmgomsp bm@dsmygdo jm3ds]§adol gmobl; ’
Bes. - yaokes gdgfiregebol g’ o [5] grsbls

M — yggms 6ol gmidsjdms [5] gmsbl,

Beor— yggems gmGLmBob gmddsJdms {5] gemobls,
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WMo~ goaems ogamoro boghgggdol gmobls
Men — y3ommo, >Abobpgmbgol sbdeo  ogasmdopesh  Loghggos
Jeosbly;

‘Wlm.— 337 Loghggos gensbl;

By — BLgaee gmdsJGnd boghagme grmobl;

Bl — ogrmopse 3mB3sihad laghagos gmobl;

Blowr — 306153m835]§ 7 Logdgms gansbly

Mpp~ LgbBoge JoMogmB3addaen boghagms gamsbly

N —o0n >p06oB6gds LoBkagmyg gggmms 08 dmgemo Gogbggdobs, Gma-
madoi 3gB0s o6 Gommo -1-Bg, go. N={-1012, .}

V-00 smaboBbgds Gm3mmmpondo xoda.

§2. bmpogime L3ggosmygdo Godeb  FmImmmaaydie  Loghgeb
AgLobgd

o8 mogBo Bggh 8mgaygebe bmyeghimo  Gedmmmpogdo  Loghgob
369073k, 256Lsbmg@gdgdl o mgm@gdgdl, Gmimgdog BgframdBo -
dylodiegds.

2o6bobmgdgds 121 [53) X Loghgab gforgds Ka Loghiag, o o6-
Lgdmdl X Logegol Jagboghiggms obgmoe (X},  bobdgds, Gedgmos
53sgmgomadls Bgdrgy J0Mmdgdly

1 x=(x, i

-

2. X, godindgos gmggo i=h2,.
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3 X, X, dogs i) (i,j=12,.);
4. A Lodhsgmy Boggdomos X-Bo 8506 > Jbmmme 8506,
GmEs ANX, jmB3sddos yoggmo (F=1,2,..)

WgdpamiBo Jmd3sd®gdel LobHgdab, GmBgmag s dsymeomgdl -4

J06mdgdb grfmegdn X boghgol Ke-as3mob s hogfghm X;L”JX,.‘
=l

3obLobmgdgds 122 [4) Y 3mB3spl gfemegds gdg@iengnbob gmd-
35J30, 07 o6lLgdmdl obgmo mBlsi§o X, Ged ¥ Jmdgmimeggmaen
Boogeadgds Cy(X)-Bo, Lome ColX)-0m om0boBbgds X Ling@gby go6-
bobmghgme 9Vysod @obdgeoms Gpmme, Taddommpbse  hgds-
Mol Gm3mmmanom.

9mgoygobma T-6:3magamal pobbobrmgmgds

256L>bmghgds 123. X(1)-o0 5maboBBgds [01]=7 Ambsgggool ¢
aabg83mostiol T 6sddogmo (go. T(r) Formdmopaabl 7* Hobmbemgolb
Ja%ab  Jagbog@ggl, Gmdgmoi Bgmagds I°-b 0d FahGemgdobageh,
Gmdgmas  okagdyHab Mmoo MomEgbmds  gmmépobsdgdabs oM
2060k 0-b).

356bobmgMgds 124 [2) X gm83sddl g¥megds gmdbmbel ymd-
35380, op Go0dy 7-bogol >GHlgdMIL X-0b ImdgmimBgebde I(r)-Ba.

356bsbmghgds 125 [5] godgem, X @ ¥ 3mBlsifgdos olbgoo, @md
YeX. §égog, 9Fy300 (6made’ dedsém) sbobgol U:Cr)-»clx)
WWoegds aobamdol Fegon mIghsdede, o yoggmo geC(Y)

22



g6J300bongal Ulg)eC(X) qabiaonb Bgbrgegs by globgggs g-b
(g0. Ulg)ly=g umggemo geC(Y)-omgal). sBobowoh, o U sbobgs o6
bAgob bm@dsb s Ully)=1,, 35906 U-b ghmpgds aobatgmdal g
FPmatrgmo m3ghsdmeo.

85bbabmgdigds 126 [5] Y gmBlsddl gFmmads wgpgbxob gmddsigo,
oy 6gdobdogho X ymddsigobomgal, @m3mobmgobsg  bAgmmgds
Yo X, s6bgdmdb pobghizmdob (Fégoge) Ggyamstigmoe m3ghsgmmo
p:C(Y)-C(x).

356Lobmgdgds 127 [28] §mimmmpog@ Logdagb gPomgds 3gto-
Potogmor gmidsddace (= m-gmdsddymo), o o8 Loghgdo oMby
303l mos dsbs, Gmdmol gmgdghdgdol Lobmg@gde jmddsidgdos

206bobmghgds 128 [28] @mimgmegogd bLogdagh gfmegds 3géo-
Qorogme  gdghmgobol (jmAbmbob) gmB3sJn, oy o8 bLoghgydo
sGHbgdmdl mas dobo, Amdgob gengdgbdgdols Lobmgdgde gdg@mmgebob
(3@ bmbol) ymB3sjdos

2o6bobpgMgds 129 [26] 3dgm Loghggb gFmregds dorabjddo
Loghgg o7 Fahgomms bydebdngdo Fygopmobmgelb x,,x, € X Bgod-
@gds  Jmadgdbmb obgmo Lobegmo A X beddsgmy, Gmdgmeg ao
Bogomgdh x, o v Fahdommgdl, go X\A=X,UX,, bspsg X w4k,
3H20065933900 mos-hogghosmn boBhogmmggdes X\ A-n, obgme, Gmd

]
xeX, xekX,.
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3o6bdbmgdgos 1210. godgem, X ool Geimmegonho Loghsy
gndygeon  Gmd gl bLogégy  odol  n-306%mBomgdesbe  3a6bmys-
pogdgmo  hogembobgeds, oy Tgbeigmgdgmos Ugdmgae Jofm-
3930,
) D) X Jsgbpmagols boghigs;

2) ymggemo xe X Fahdomobogol X-opsh sébgamdl obgmo ¥, 8o-
odm  X-TBo wo JmdgmdmaigobBo f, .V, o E'ksn bsgpeg E'
>0l k-306%mdomgdesbo  gagmon@o Loghag

3) o@lgdmdl Fyhdomo x, Bobo Bogsdm ¥V, ©o m3gmBm@bgobdn

[V, > E.
306bobrmghgds 1211 [29] Hmimpmpon®d Log@agb gfmmgds 396-

dBogmadgmo, o 58 boghol ymggmo  shs@s@agmo  3dgmmo
dm33sJBo gPnfghdomosbos, go. bobamgdmbos.

§3. dmpaghime 3o6bmdommgdol  Gedob  gabgool  Fgbobgd

andgom, M Loghggms Go0dy gmsboo. gmggmo X Loghgelngob
(4ggms LogLgdoo @gpgmotigm bog@ggms gemobopsb) ebegdzeghe
d3omg 06got0s6@0 in(YA) M gosbob dmpgmon yobobabmgeds
Tdmgaboomon

356LobmgAgdsl 131 () in(Xm)=-leXed (i) ymggmo n20,
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in(X, ) <n 6oB6ogh, Amd X lLoghgel  Ggdobdogho x Fa@m@omo-
bogob @> 58 FadGagmob ymggmo @os U, Bogsdnbogol sélgdmdl X-
B0 @os> Lodtsgmy ¥, obgmo, ¢md xey,clU, ps in(FryV,, M) < n-
inX,M=n oy NS © shss bsdshomosto Gmm@ds
in(X, ) < n-1. dmgworks, in(X, M) =+, oy X, M <S n ot Ladodm-
mosbo stgghne ne N-mgob.

Bgbodgbs 131 boros, M3 o M=T, go M| gwsbo Gofogeros,
3306 in(X, M) =ind X ymggmmo X-oborgols

356Usbmgdgds 132, (i) (XM =-leoXe B (i) ymggeo n20,
In(X, M) < n 60B6ogh, Gmd X Logdzel bgdobdogho Boggdosmo A J3g-
boB@sgmabsmgol o 53 Jgglodcogamol gmggmo mos U, Bopms-
dmbogol s@LgdmdlL X-do mos bod@ogemg ¥, obgmo, Gmd AcV, cU,
o> In(FryV,, M) < n-l.

InX,M=n og XA <n @ In(X, B n-1sks bdstomo-
360 3mgomb, In(X, M) =+o, og In(X, M) <a s>@ bls@anmosbo s6-
33%m0 neN-ngob.

3960365 132. in(X, M) <0, oy 1) XeM 6 2) >AbjydmdlL X-0b mos
dsbabo U,,, obywe, Ge8 FrxU, el gmggseo a-boogob M-psb  joé-
doe, oy B g8mbgggs ygamms ¢mBdoJHat bog@pgms B yeabl, 35T0b
439mo Logbgdon @gagmetigme X LagGaobagel in(X, Me) < 0 3536



s dbmmmp 35306, GmEs X stob bgBogmBisdgme (= m jmb-
353fgn) !

« B-gm330dBth Log@ggme  gamobBo  poblognmdgdam  Gemb  oe-
HTIML  gatigoTmpgdygmo ghmopgbdom-Gm@odol mB3sjddo po-
Potomgds  pX o3 pogotimmgdel oJgb ol mgobgds, @md dobo
65bdipo  0-p36BmBogngdnobes (ind-ol sb@om) @> oo (go. u X)
9Vua90ore  sobobgds (psbogs@omydgmro X Loghgelb Famdommgdol
GdGomdobol) o0  Logdgob bgdobdogd  Lbgs 3mAlsjdud  pogem-
0mgdsby 0-356%mBomgdesbe Bobdwom go. gl agsGmmgds skol
B JuoBoggdio  gogotimmgds  0-336bmlnmgdosbo  EsbApem  yggems
0-56%mAommgdnsh  Babdol  AJmby  gm3ds]Hat  aogdAmmgdsms
LodGogemgdo.

3o6Lobmghgds 133. o> wogetigeb gimrgde m-pogsGige, oy o8
pomsmgol gmggmo gmgdgbdob bsbpgetio ol gmddsigde. Ud-
3aB0 X mimmmpontio Loghigol Jagboddsgmab goVmmpgdm n-
ool (r-BoggBomlb) oy ol mass (Boggdommes) Xdo o fobo
Labemgoto X-Bo ool gm33sdo

3Blsbpgmgds 134 (28] gojgom, X ool m-3ed3s)dato Loghiy.
fogogosmmm, Gmd dimcX=-1e X=0. godygom, Gmd dimcX < 0, bomsg
120, o X boghgeb gogge @od n-ag3d@gado Ygodaagds hoofadnb
babdgano mos m-pogehys, Gmdmob KoHoRmds < ntl
|

—_—
* 33 m3an figg6 LogM@gms 58 grmabl go¥orgde m-3mdlalgyat
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3o6bobmgdgds 135 [M]. fogogommme, Ged  Ind, X=le X=0.
©ogggem 08 X Loghgms geosbo, Bmmobogebsg Ind. X < n-1 9439
2°6bodmgdgenos 85806 Ind. X< n, oy 6gdoblngtia m-hoggdomo F
bodtsgmobamgol s  bgdoblegdo m-mos OF Loldsgmobsmgol,
Gedgmog 8mogogh F-b, s@Gbgdmdb obgmo m-mas ¥ Lodmogeng, MHmd
FcVcOF @ Ind.FrVsn-1

ogmegds 131 [13] o9 X oséob m-jmddsdyade bLoghg, 853ab
dimX=dimjLX, basg WX gomarbdem-Bmmodeb mBlsidamo pogot-

Nnegdoo.

379056 podmmpob VgBregae:

ogntgds 132 [13] godpe X ogmomdsbobosbe gmalsigame
Logags obgmo, @@  dim Xen. odolsmgol, Gmd X Loghagh 3jmb-
gl 4mAdsjdnto ogetmmgds  bX, @mdmobogobsg dim bXX <0,
dim X = dim bX > o(X) = ox) = R, >pEomgdgmoe p> bygdskobos
Pbegmpgl  Gomeds dimeX=n.

dmgoggebon agmmgdgde, Amdmgdbog gdremdde yadmgoggbgde:

0gmAgds 133 [16]. o9 X m0523B0> > dimX>0, 3006 Algdmdb
F, s F, gm83s3dto JaobogAggde, obgogdo, Gmil  FNF, =0,
dim F>0, dim Fp0.
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0gmegds 134 [30) og X ym33sdHos, 35Tob dim X Gomos X-ob
3dgemmdol Jm33mbgbHadol dim ps6bmdngngdgdal Lydagdgdob go o@-
Lydedls obgomo ddgmo gmddsjhe DX, @Gmd dimX=dim O.

~mﬂmt‘)gab 135 [40]. godgom, X 6médsgnytio boghags ©s 4 stob X-
ob fogadoemo Jagboghzy obgmo, @Gm8 dim A< n oy X-Bo Boggdomo
yoggmo B Jggboghgobmgol X\ A-s6 dim B<a, 353906 dimX<a.

§4. magobygemo Gm3mmmyonto Xa9PId0e s bebggedxanpgde

256bsbmgmgds 141 [49] godgom. X @mdmmmpogio  Logh(zgs.
Fygomb (S(X).0) 3fmwgds X loghgoo Fokdmdbogmo mogabygeme
dm3mmepogta  bobygedixange, o9 Wgbanmgdaenes  ydegye
Johmdgdo

1 S(X) gmmmmpon@o Bsbggstxangos, Gmdmob boghaga bagby:
0o Agygmmatganos;

2. 0:X - S(X) sthob X bLoghgob §mimemyog@o howads S(X)-To,

3. 8(X) FothdmJibolb sempgd@ganse S(X)-b,

4 gmggmo bogbgdem Ggpgmetigmo Gmdmmmyeqdo T babggae-
xangobsogol s gmgamo 9¥eg0d0 @ X T  ohobgolsmgel, X
bogGgobs T @mimmmpogé  bobagsdinaagdo  adbgomdl
JGmopghme 9Fygade 3mlmdndgebe Q S(X)T obgme, @Gmd

QB(x)=w(x) ymggmo x€ X -obomgob.
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JAobBmeBs [37] ohggbs, BmB Laghgdom Ggamuatinmo HMImgempo-
gho X Logdgobogol msgoliggesre Gmimmmaorho Gobggstranae
>6Glgdmdl ws ghosmghmoas.

3 Godgbghls  [49)80  ofigghs, @md  gmgama X bogdgob
BO3mmeganto  S(X) Babygstxamgob Loghaal  sdgb  sbgme  boby

S(X)=\7X', Lo X° ool X bogdgol n-géio hsdobbo
a=l

aobLobpgigds 142 [23] godpe, X baglgdom  Ggaymes@igmo
Logdggs  FM(X) Jsqlpmégol  §m3mmmpond  ywaual  (FAX)
dogbpmagol s3gmob dmdmmegon® xaggb) gVomads X bogégol
oogobygomo mmmmpontio xauee oGymgol shhan (magebygsme
sdgmolb  dmimmegogho  xagne ddgmgob  sbdom), oy Bgldy-
gagomos gdmgan dommdgdo:

L X stob FM(X)-0b Jagboghzg (dglsdodolise X sdol FA(X)-ab
Jagbo3e i)

2 X gmdogmmpogdoe Fom8mgdbob FM(X)-b (Aglsdsdobog X @m-
3mgmegagmer Fordm]dbol FACY)-b),

3. Gmpméog of gbrs ogmb X Logdgel 9fygade stsbgs @ X =G
63doldngé  @mimgmpoy®  xaPgde  (Hmimmeyond  sdgmob
xamgdn)  oGLgdmdb  ghosgytme  afugadoe  Imdndndgabio
Q, :FM(X)>G (Bgbsdodobde P, AM(X)—>G) obgmo,  Gm3
D, |,=® (Ybododobog @, [=®).

36bobmyhgds 143 [8]  godgsor, X bogbpdoor  Gaperetieze
bog@gs  golmgmgommo e Faadommon  FG(X) daybpmagol  §o-



n@eRon® ®3agl (4G(X) Isgbrmagel sdgmol  Gerdmemmgond

378 g¥orgds X Loghgel mogobygsmo Gmmmmpoerdo xange

@>g30b  obdeor  (mogolggama  sdgmol  FmImgnegondo  Kamge

Ao930L >bd0m), my Fgbdgmgdgmos Bgdegae Jotiad do

"1 X ool FG(X)-ob Jagboghgg (dgbsdsdobosge X aciol AG(X)-ob
daaboadiay

2 X dedmmepogase Fodmiibol FG(X)-b (ghsdaobop X gm-
3mmmpogiisre Fohdmddbol AG(X)-b);

w

Goymog o4 96ws ogmb X boghgab 9Fyz960 shabgs ¢ X >0
65%0bogd  §minmmpogd @ %9800 (sdgmob GoImgmmpoge
Q x393%) Gmigmbag X boghgob e Fahdomo aopadysgh ¢
Xaagob  ghoosbo  (bymepsb  gamgdgbgTo),  s@lgdmdb
3018mAmAgobdn @, FG(X)-> 0 (Ygbododoboe @, AG(X)-Q)
obgma, Gm8 O, |,=¢ (gbsdsdoboe @,|,=p). > dofigemgds [23]
w5 . péoggls [8] (Bgbodsdab godgamogdde) shiagbyh sAbgdmds
> ghmopghmmds  FM(X), AM(X), FG(X) s AG(X)

X33Bgoobs.
FgBrogmdTo Bggh ao8mgoygbgdo mgmAgagal:

ogm@gds 14.1 [56) AM(X) 2 AG(X)X Z, bogyg Z-dmgen  éogbgms
08@agamys obihgdame Hm3mmmpon

o gds 142 [5]]  FM(X) @edmgeepogho Katae. §orlego-
09Moe n‘bmﬂmﬁqgﬁmna FG(X)-ob ©> dogme Gogbgms wangeb gm-
sBdsgmals go FM(X)= AG(X)*Z. )

30



30d350, X 3m83sJ§u@o boghzgs, 35B0b AG(X) Fomdmampgbl K.
boghagh go. AG(X):F:J'A,(X), boa@ 4,(X)-00 spbolBnmos AG(X)
Xa090b Jagbodhogemg, Gmdgemag i eagds badyggbobspsh, Grldmas
bop®idy < i~y (3Emdomos [8], God A(X) yoggmo i=12,. Fs@8m-
5236b  AG(X)-0b gmd3sgddad Jggbogtiab)

ngomgds 143 [2] aebjobogmom A4, (X)-ob a gmgdgbdo. a oymb n
bop@dob @ =gx, +&x, +...+ £,%, 933030 bodyge, bosg & domos l-ob
26 =l-ob s O, ogmb a-b Bopsdn  qondgsm O,sk0b a Fghdommab
6gd0b30g@o @o> Goedm A (X)-Bo,  BoFob >ALIPIMIL mos jmd-
3j§ano  Jggbodhsgmagde U,U,,..U,. @emdmgdbsg sjien Bg8rpga0
ngolgdgdn:

L x,elU, gmggmo i=12...n;

2. UNU,=@ goggeme i4 (,j=12, ,n),

3 gU, +&U, ++8U, Fohlnopygbt a Famdomob gos dogsdmb

AX) JagboghigyBe;
4 gU +&U,+ ++6U,c0,
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nsgoll

dm3mmmaonh  Loghges bsddogmol jmsbms Impamon
69mas6bmBoggdosbo bLogM(3ggdol, magolingsmo
Gm3mmmponio xanPgdobs s bobygedxanpgool Bgbabgd.

§1. HmImmmpend boghgms 653Gsgmol jmobms Bmgygmoen
6ep06%mBommgdasbo Loghzggdol Jgbobgd

3o6bsb@ghgds 2.LL godgem, M bogbgdom @gapmmotigme  Log-
3o gamobol Gandy Fmdmmmpoyghore fsggdomo Jaggmsbos. smg-
60B6mm loc M-0m gamsbo gzgmes 08 boghzggdobs, Amigmmsg Bydeg-
20 mgobgds sggh. Xeloc M AsBob @s dbmmmmg AsTob, Aogglsg X
bogigol gmggemo x Fghdomalmgab s dobo ymggmo O, Bogsde-
borgol o>tlgdmdl X-Bo wmos Bomsdm ¥, obgmo, Gmd xeV,cO, o

v, em.

g60Bg6s> 211 3bowos, AME gmzgmeo GmImmeyoghar Fegghommo
M gamobiobmgab loc B grmobog dmimmmpoa@ae hyggdomes

356Labmgmgds 312. Logbgdom Gganemedgm boghggms gansbol M

J300msbl gfmpgds drpataen, oy Tabépmgdasres Tgdegae datemdy-
do
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1 | §m3mmepogshse s gg8ommos,

2 M c- Ambmdmbagding

3oy XeM > ¥ Logehig X lLogfgol aVuga80 S6sbabos, BaTob
t Ye®.

3o6badmg@gds 213 bogdiggms M gamsbl gFmpgds dymdodmoge-
dat0, oy bhgmgdgmos Fgdpgae ommdgdo
1 ) dm3mgmmgogmop hsggdommos;
2. org XeM o Yel], 3906 XxYel, bLopsi XxV-0m >pboBbymos X
s ¥ §omdmmmyond boghgms 6s3kogma (3bgddnge §mimmnm-

3000m).

2o6L>bEgmgds 214, Logéggos M gmobb  gfmegds  Lygbdop
dmptopo, oy b ofgb Fgdmgae wgelgds. oy f X > Y-y 9Fyg980.
Boggdosmo sbisbgos o oy XeM, 85T0b Ye.

YgbaBgbs 2.12. godgom, M aten gmmoboes X oY waes abob-
359, baag X o> Y mimpmmpegtio bogAggons. oy Xeloc #, 8530b
Yeloc |

dgGopo Smmndmagadntio grmsbob dopomomgdns

By Beney Pter Meors Mgy Wen D003,

1 ® BopBawos, '30500;9.35 030 Hm3mgmpaog@oe hsgghognos, c-dm-
Bgmbydios (gnddsgdeb ymggmo hoggdomo Jzyboghcy gmadajhas)
> gmAdoddol 1Fyaade sbabsbo Jma3sgdos (ob. Bop. [34]) Me-gmobob



FgmBodmagshnnmds  asBmdrebsrigmdl Bobmbmgel  gmsboggéoe
ngneigdomst  (ob. [34]).

2. W geosbo Brataos, gobsnwgsb opo Hmimgmmpogtise  fog)-
Sosmos, c-3mbodmbgmes s yoggme dgHGabgdsme Jmddsdsol -
43960 s6sbobo 3g8Mabgdawos (ob [34])

Bme Jrmobob Bgam@odmogo®ghmds 3o8mlabstigmdl Gobmbmgal
0)Megdoesh > 08 goJdowsb, Gmd gBminbgdspn Loghggdeb bob-
Ggmo (ogmogoeg go) 638magane dad@mobgdamos

3 My, Jmoliol Apatspmds s gmededmoedg@mds zhomas

4. Mer 9dgHhemgobol gm33sdhgd  Loghggms  gmobo dppadsres, go-
630sb ol @mImemmgegion Boggdomos @ c-mbmGmbymos (ob. (3]
Vgga0 2) o gghmgebalb JmBdsHel Fy3aHe Sbobobo  Fomdmsrm-
306L g3gtemgnbob ymB3sJ§l. 36mdogmos, A3 My Jamsbo Jnm@odmo-
35atos (ab [3]).

5. BMeor gggems gAbmbolL jmB3sjdos gemobo Gomimmmyoyhon  hs-
J060m0s, c-3mbm@mbyhos > 9Fyzado obsbobo ymélimbel  ymddsi-
o jmAbmbol 3md3sgdes [3]

6sdthogamo gmAbmbab jm83sgdab gm@bmbab ymd3sddos go Mo
Spa@opo  dmmGodmagsgande  gmobos

6 My gagmo  rTMEROL J0B3sJgme gasbio dppdamn ms Agm-
Hodmogeggmo gamoboo.

7 Wy gesbo Bgatopod, gobsoeab 0o Gradmgmmpogdisn  hisgy-
Bomo, c-mbm@mbados  gofigghom, émd  shobaganbjols  sbdom
Mg opdoasbn bnacﬁg‘nb aFugade obsbobo mgmapdspasho Leghege.

Bdoomsg, godpe X ogemaedopesbo  boghggs s (£,
gmopa doege adbgebogemo 9FyI0e [ X =Y sbabgs X bogdoabs
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Y bogh39T0. gohggbmm, @mad {(f(F)h: oxsbo séols Y-ob 0gEoro
dogg

39J350, G mos boddsgangs Y-To. 8sFo6 f-obs aVy3admdol aadm
J(G) mosd> X-To, gobsowsb (£}, X-ob Bsmgo, sdegmd (@)
Fotdmappobgds {F,),.,. mxebol @Goody dagmxsbol mgmago gog@-
00569306 bsbom. 85306 G Foh3mapaobgds {f(F)}..., mxsbols Gandy
ogereRo Jagmxsbol asg@masbgdol bobom, Gapash G mos Loddsgang
ogdgme  ogm  6xdebloghse  sBademd  Esdhegms, GmA mxobo
{S(F )z, oti0b Y-0b orgamomo dawy

Ben grmobo Bgam@odemo godyhios.

0gmégls 211 gogdgom, Z=XxY, bops X s ¥ §mimmmpng@o bogé-
(330005, ¥ ¥dgmo JmddsgGos s in(XxY, M=0, lLowoz M LybGep
Boptoo jamobos, 85T0b  Xeloc M.

0098303930, adbgobommme xeX FadGomo @s 53 Fydomal O,
Bopodm. ¥ 3dgmo LoBdogmgs, 3ndmd BbBo s@bPRMIL shoze-
Gogmo mos Lodksgmg U, Gmdgmog o6 gdmbgazs Y-b s s@ séob
woo-hoggfomme  gobgobomma W, =0,xY  dopasb U#d, slo@md
2lgdmdl olgmo y FaGdosme, Ged yel. asbgobommoo z=(x,y)
Fargomo  smgholbme U, =0,xUcH, Beggigmedel  msbshism,

in(XxY,M)<0.  >30gmd  >Gbgdmdb  obgme  wos  H,,  God

zeH, c[H)cU, oo FrzHe®.  ss36086mo T=Prt),  Lapag

Pry . XxY—X ostal 34 Jgoo @hogos xET‘Q['I'.]CO, aohggheom,
603 T, cPr,(FrzH,). dothognsy,  sgowee Gydobldog@o  x'eT, ws
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3°630bommmn Lodmsgmyg xx¥ =4, . +036036mm ANH, =B, 3shggbom,
6m3 B, #Q. oy pogndzgde, dmd B, =, 85306 Pry(B,)=@. 8s36s9
x'€PrdBx'), g0 B, stiss (35M0gao dgmrgl 8bdog, Gaeash H, moss
2—'80, >30§m8 By boddhogmy moss A4, ~Uo

3ohiggbom, @md 1) Fra, By cFrzH, s 2) Fray Be#Q

%06 3oBggbee 1), Fray Be=[Be] a\Byy bogog [Bulay=[Belz (3oBoo-
o6 A4, Bsggdomos  Z-3a) dsp@ed [B,] <[4, ], N[H,], =4 N[H,],
(>3 3oggbgder mgobgdsl  [ANBIC[AN(B] s God A, hoygdomos
Z-30) [B,J,\B,c A4, N[H],\B, gohggbom, Ged

ANEINANEISIHLN, o AINELNB, <)\,
othomog, oy

xed N[H.L\B, c[H\H,, xeAN[H]\NANH, c[H)\H.,
s80§ma x"eA,,ﬂ[H,], s x"¢A,NH,. 3306 x"cd,, x“e[H,], [
x"¢H,. jghdom, selH ], \H, shypese  [8.],\B, clH),\H,.
5309033 agodsb Fr AfB,,:[B,,] | \B. c[B.)\B ¢ [H],\H, =Fr,H,
380 1) oBfgo3gdgmmos.

agadgogmm 2). pebgobomem 7.4, 2V sbabgs ashlabpghgme
sbgmbsodoe 7(x,y)=y gb sbabgs 0dbgds Yhmoghmismbobs @ “by”
sbobgs ool gfygode. @omask ob oGl gfyggde  obsbgob

z

Wgbmgegs A,-by goboogsb ¥ stiol gemddsdhe s x'xY=A4,, slogmd
Ag-og goBdsios. sdkoger 7, dndgmdmégobes (jedisddel HGmo-

a%maombobs s 1 gTygade  shebgs  Isgbrmégel  Loghgyhy

Fohdmapyghl dmdgmBmegebil) oy Fra,By=2, gb Godbsgh, @md B,

ooshoggdomos  Ax Do Uggbodom,  Ged 7 (B)CU,  Gaeysh

7 Jodgmimeigobdos. sdaHmd 7,(B,) Loddsgemy wos-faggdugoas  V-To.
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dopeod gl gfobosmBegagds ofsh, dmd 7 (B )cU =Y, 7,(B,)#@ ws ¥
ddgmos  figgbb  @aTagdsl  Bogysgstim  Gobosmlgamdsdoy  slagmd,
FrasBi#@ sdGogae figgh gbgeagm, Gmd ymggmo x'eT,-mgob >hbgdmdls
abgme z'eFr,H, {ghdomo, Ao x'=Prx(z’) ab o@sl hoTBogh, Ged
T,cPr(Fr H)) 35633, H, yjgempash 8gacogos [H,]1-Bo. >logmd
T, =Pr,(H,) 43956 343M0g05 Pr((H.],)-Bo >Jges6,
0o3mBpobotgmdl, Ge3 [T) =PrilH,],) Goeaeb ¥ goddsjgos,
3d0dmd PraXxY o X séhob fagodosmmo  obobgs, go  Prd([H,]1,)
Boggdosmos X -Bo. 9gmégh dbeog FrH.olH )z SBygedam, Byab agadgh
T, cPr(Frf)cPr(H,],) 8@l (L], =Pr(H 1), ae
(L), [ (Pr(Fr. )], c[PrlH ] 1« 3ares6 3Ry gmmde
[T.), =[ (Pr(Fr.H,)], = Pry(Fr.H,) goboowosh

Pr, XxY > X hoggdomo sbobgss > FrH, eM. sdodmd M| gemsbol
bgbgoe damopmdal aodm Pr(Fr.H,)eM  8>30b, ymyggemo xeO,-
obomgob s@bgdmdl T, obgmo, Gmd xe7, g1 ], €0, w> [T] €M jo.
Xeloc® ogmehyds edfoadammos.

Yorgae 211 oy Z=XxY, Lowog X @ Y doimgrepgayiio bogé-
(9gdos, ¥ 38gmo gnddsddos @o in(Xx Y, Meon) =0, 85306 X €loc Megn.

8§ 40GI%s aﬁamﬂunﬁeﬁgmbb 0josb, M3 Meon >0l LigbBae
Sophon Bshomog. gobonesh ymagezo ddgma boghgob HFya0n
sBobsbo ool ddgm  boghaa @o igdab geggere ddgere bughiel
AVyga80 oo hogade 20 sBobiabo ddgeas).
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Yegae 212, o Z=XxY, bopsg X ©> ¥ @dmimmeyogho
Logi3ggdes, Y ddmemo  gmBdsdEos @ in(XxY, Bps)=0, 9506
X elocR.

m3dhgoagde.  Goash,  gUgaemgmBlsddam  boghggms  gFigado
sbobsbo  jgmeg  gbggemygmdlsiymde  bogdggs (ob. 95950 30bgo
0gmegds 31024). 85306, BeoryBgal Bbagrmymddsddad boghgoel gy-
43960 o hoggdomo sbabobo gbggremgmB3sigyes

Boregae 213. o9 Z=XxY, lbypog X m ¥ @Gmimgmepoyto
Logeizggdes, ¥ ddgmo  3mBdsjdos @ in(XxY, Mu)=0, 35306
X eloc Beor.

©39 403935 Bgrgan 3odmdpobsdymdl afowsh, @mA  jmEbmbob
JmB3dHob 9FyzaH0 sbsliobo gm@bmbolb smdsifos s Boomygdgdgl,
JMAbmBol  3m33oddob 9fygade o foggdosmo sbolisbo  gmAbLmBol
Jm33sJ@as

Ypga0 214 oy Z=XxY, bypeg X mo ¥ Hminmmpagdo
bogégggdes, ¥ ddpmo gmddjdes ms in(XxY, Bew)=0, 85806

X eloc #gar.

53840390, gb Forap0 203m3obomgmdl dsngmol myméglapab,
B8 Jshogmd3sdgmo boghigeb solisbo fisggdomo sbabgol wAmL
Jsthogmdlsdao Loghgs (ob (34] ogmegis 5.133)
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Yegan 215 o9 Z=XxY, lagog X > ¥V mdmmmpondo bog-
639930y, ¥ dama  gm83sdges ws  in(XxY, ) =0, >0k
X eloc B,

\Qoaédneabo Argpe  350dgobadgmdl  gmGgmol  mgmeglopab
0dol  Bglobgd, M3 Labyep Ao ]§aco  boghgol  sbababo
V43060, Boggdommo sbsbgab meAmb skal bybdse 3othagmdds)§acio
(ob [34] mgmegls 53.7).

Bgmgae 2.16. o Z=XxY, lapsz X s ¥ Godmgmegondo bogé-
3920, ¥ 83gma gmddsd@os me in(XxY, B)=0, dxWob X eloc M,

053840390, Gopash  Jmddsidnb  9fygade sbobabn s Sbggy
Fu3060 Boggdomo sbabiabo ymBdsddos, Bgmgan sIBeEgdgmos

Bprogae 217, godpeo, X dgmo gmBdsidos, oWk 1)-3)
30Gmdgdawsb mommggeme  Fomdmomagblb sgGompdgm ws  Lsgdsdolb
3ommdal X boghioel 3966obgdspmdobamgals

L X'=XxXxXxX 3ghoggaogmespe 3gdjgopagudonse bomds-
meBod;

2. X’ = XxXxX 3gthogghonmon begmymgemam boGlsgatos;

3. X =XxX Jg@hogg@ommop di8tobdgoseas

a8 0ads ) godem, X' Jgtoggdegmer d5dgondgmdamse bris-
fgGos 856 in(X*, M) <0, oy in(X°x X, M)<0. doppsh X dlgeo

JoBloggos o 9fugade  obobe  piggeqdymdomse b
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Bppygtio gmd3sgdobs 893 30mGgmdomage boddsmaho Jmddsddes (yo
A3 3g00Ggmdomeg  bedBsgadio gmaddsgygdol  gemoln  Lbdom
dppMope grosbios) 211 mgméglob dogmom, X° mogemmy@oe 9533g050-
Ggmdomse  Bo@Bsmygdo  geddsddos. gb go GoUbsgh  olsl, Gmd
SALgRmdlL goggmo  xex® Fohdomobsmgol mos Bopsdm O, obgmo,
@md  [0,], 8g3350pcmgdomeg  bmhdamymo  ymddsJHos Lobiggds

0.} aadsgh X gm83odal. slegmd  sebgdmdb  x,x,,.,v € X’

oy}

FoGdomgdob abgme ULslhigme Gompbmds, @Gmd X’=q0“ 3bogos,
X =L'J[O,’]x,. as6gobomme [0, ], Jagboghiggms  Bemimmmaoytoe xado
il

X=VI0,],. ®oupsb [0], yogomo i-boogob, i=L2 A
J30RMgmdomor bm@dsgg@o jmddsies, sdodmd X 333 33006G 3000w
Boddomygdo Jmdsdgos pobgobommmm f:X o X* dubgddoge shsbgs
X bogagob X’-%bg 6emdomos, Gmd [ sbabgs gfygados X bLogéig,
Gopmeg  dmimmmgegdo  xsdo  Labdgee  Gamegbmds A9 gomdig-
Moo bm@dsggde  gmdlsddobs, Jgdggommgmdnmere  bo@dsmyde
Jm33sdgos sda@md X boghy, Gmaeda 3Vygade sbalisbo dydgee-
Ggmdomee  bmGdsmyhio X ge@3sdsebs, 879 3006 5m30msp
bomdomndo  gmddoddes  Bogopgm,  Aed X 83933000 m3amnsp
bm@domdo gmddsidos sJameb, 3o038mgob [19] mgmégdals dogmonr X
3983 M0bgdom00.

2 gojpo X’ Jghoggdogmep bOgmymgomse boédagmao  boge-
Ggo go. in(x’,wz')so, o6y (X’ x X, M)S0, Gopaeb LeHgmymgommae
bmcdsmgho  gmd3s ok gFygade obababo  beigmymengnaw

B@dogrgén  goBdsjdes  (go  Legmgegesrse  Godlaeyio
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4mB3odBgonb gmmsbo Me. bybdsp Spp@opas), 3@l 211 mgmégiol
domom, X mmmgsemydom Légmyngomep bodlsmado jmdlsgdos gb
odsb 60Bbagl, Gmd ymggma xeXx? Faddomoliogol s@ligdmdl mos Bo-
e, 0, obgmo, Gmd [0,],, Lérgenymgoemsp bmddomogdo yma3sigos
0={0,}eX* Lobhgds O qodisgh X' 4mB3sJdb stk >¢ligdmdl O
bob®gdel  Lobegmo J3gbobdeds {0,}, oligmn, Gmd XxX=IL:JI[0, 1y
bapog  [0,],, ULégmymgomo  boddsgmgdo  joddsddos  ymggme
i=1, ,n-ogol. psbgobognmo )7=,\:,.[0':]r’ s dghgdcnge f:X > X’
sbobgs.  dopaob X Lobésgemo  Gommgbmds  bdsmymaomam
beaiBogogtin 3mBdsdHgdel Gm3mmmaon@ xados, sBodmd ol Ldgmym-
Bomose  bodlsmado  gmdsdBos  sfgest X7, @mgmég baby X
byeogmgemae 6mGAsmade jmddsjdobs, 9Fygade S X - X' sbsb-
30b Al begmymgomsg bm@dsmahe jmddsddos ofgesh, (ob 8oy
[30] ) a08migabotigmdl X jmB3s]30b dgdHabgdapmds

3 godgom, X' Jpdoggdogmee  Ggdcobjdege  Leghgge  go
in(XZM)SO, in(XxX, M)S0, lLopsg X 3dgmo gmddsJBos  Aagash
a¥ygade o6sbobn dgdmobgdspn JmdlsjHol BgdGobydogo gmAdsiHos
(go. dMobgdome  mBsJHadel boghagms  gemobo M bipbdoee
dpaMopos), mgmégds 211-0b dsgmom, X mogemadse 330hobgdsee
3m33sg§os Bop@od e gsma@ae d9BGobgdawe SO0
A99M0bgdagas (b [9] o 25D

dgmégh dbkagl op X 3gdcabgdoo boghggs, Alob XX, X!
boghgggde, Tgbsdofobsg Jideggtonmse  Bodlsgrghos,  Jyhog-
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Gogmo  bégmymgomse  boddsmagtos s dgthoggronmoe  g8-
Babgdoges. mgmmgds @sdF ei3gdgmos

Yegae 218, godpem, X 3dgmo ymdsdGos X x X 3otadato bad-
@dgsmo FoliBmampgbl gdgfimmgabol Jghogghomms JM33 Bl (ymAbe-
bob gmB35J®L) 95F06 s Bbmmee Wb, Gmgs X FotBmogygbl
33 gobol gmddsdlb  (JmAbmbols jmB3ssb).

©3I(0Eds. Gowpsb  JdgMmgabol  ymAlsdeb wfygade  sbsbsbo
9096mgobol gmd3sdos (ob 8oy [3D, Lsgdsobos gohiggbmm, Gmd g
X @ogsmgnon  gdgehmgebob jmdlihos 85806 X Foh3mopygbl
9396mgobol 3mddsd§b

0y X mogemaaoe gdgtmgebob jmddsidos, doTob ymggeme xe X
FavGomobogol  s@bgdmdl obyme O, 8opsdm, @md [0,], ool
9ghengobol  jmBdsdHo. Gopadd X ymBdsiHos 280§m3  sMbRmIL

bsbthgmmo Gom@gbmds XiXa-X» §aGdomgdobs obgmo, Ged X =([0, ],

psbgobommmm  @mimmemgaqdo xsdo X=VI0,1, oy [0,], ynggsmo
I=12,. <gob  gdgmgobol gmBdsdgos, 35%06 T opdgngy okl
sropgbl  gdgbrmgobol godasddb (b (3] a3 21 Fobowmorgds 3)
aobgabameo 3g6Rogo sbabgs [ X = X . cargsh 216-0b dsgpam
2dahemgobob gmdlsgdeb aFyzadoe sbsbabo gdgéiargabol ymBdsddes, go

X gdgéemgobalb gmddsdhos
33mEmb, Pbaﬁgmanﬁob Jm3>JHgdel Jomgsdode Baldsgmo Faddm-

o396 gdgtmmgobols gmdsJHL (ob [3] ag 21, Yobopomgds 4). Bgrgae

Q8B gopdgmos
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Wregae 2.19. godgsm, X 3dgma eddsddos X x X Jotigeadndn 653-
@ogmo Foridmopagbl Jphoggmoyman gmAbmBob 4md3s)gb 85Tub @
bergmmp 35806, Aogs X gmdbnkol jmddsigos

‘Qoaﬁdogaba. 6ogob gmALmbol 433 JHob 9Fygade sbsbsobe -
bebob gm8dng@os [3] Bgagodmos gofigghmen, Gm3 o X goegsmadse
gMAbmbol 3mddsdFos, 85806 X jmdbmbol ymdds)Gos

Py, Goppdh X magomahon oGbmbol 3mads]§os, sdodmd
ymgam veX Fahdomb aoshbos doeadi O, obgoe, Gmd [0, ], §aGn-
@3 g6L  gmAbmbob jmddsddl X gm33d o> ©s Bedmd s@bydmdl
Lobégmo  @ompgbmds  x,x, ,X,  Foddomgdols, obgon, @@

X =0[0,, lie  pobgobommer  @elmmepogmo  xode X =,_\j/'[0, 1,
i=1
ghggbmm, Gmd og [0,], gmgame =12, ,n-mgols gm@bobol gmd-

3sd@os, 85Bob X optigmgg gmGLubob jddsJHes
sBobsongol gobotpgdmemo [1190 eaagbogro yhodgdogigdom o]
BoBggbgdos, @md jmddsdBo ¥ 83306 o dbmmer sobas gm@lenbab
JmA3sddo, Gmgs ¥-do s@bgdmdl abgmo Lobdgds y={U,.ae 4}, God
beygmadamos Agdegee dohmdgdo
) Lobdgds 7 Ygragde S@sEadiogmo ©os boddagaggdobagsh, Gmd-
mdoi  peboggommgdgh  Y-ob Foddemgdb go  ymggume x#y
Fa6gomos Fygosmobogel >6bgdedls U, ey obgmo, Gmd xel,
> yel,;
)y lmhég?io FaPHomM oE 0gEEsRos,
3) U, ool F,-§odoh  lasgemy Y-3a gmggmo ae A



godgon  ghams X =l\:/l[0,,]\,, bawo [0, ],-gmBlmbob  ym33sJ§os
4mgomo i=12,.., Bpimo deyygebogma gho®aGmondel dsmao, [0,];-B0
sBbgdmdl bobdads 7, ={U :aed} obgmo, Gmd Leinmegds Dylegan
3otHmdgdo

D) gmggemo =12, .-ogob 7, bobdgds Ygeagds [0, 1, -0 >ho(30M09mma
@05 Loddsgamggdobsysh s 3abogamgdl [0, 1, -0b Fam@omgal;

2) ymgaemo i=1,2,..-;g0b 7, bobdgds FabHommgbom mgmapas;

3) U,ey, F,-podobss [0,],-T0 goggma i=12, -mgob w> €4,
35806 opgomo  Eobobobos, @md  bobdgds  y={r,7.,..7. },
6mdgog  Fgwagds  Auta f, Lobdgded  ggamo  gengigh-
Bgdobopab, s3Mgmgy oydaymgomadlt bgdme Rsdmmgmogn 1)-3)
306m3gdl. s3o@dmd X FodBmopaghl jm@lLembol Jmddsddl

aobgobommer  3mbgdeinge obabgs f.X o X &b X, Gepeeg

J0ALeBob gmB3addob 9Fggado obsboba, jebmbab jmddsjGos
wsbsbdaml, Bggbodbogm, @M gm@bmbah ymds]Hgdel Jodmsdodn
Badmagmmn gm@bmbol jmddsdes (ob [3]) Bgmpao wa8dgaigdgmmos

0goegds 2.12 [M]) godpo, X o ¥ boghgggdeb Jodesdede 63-
Gogmo X xY obgmes, @md in(XxY, B)<0, byesg M mphowa

Janaboos, bmgoe, ind¥>0, 85306 ¥ eloc®

VydoamdBo Bggb ©oa7" Ggds Bgdegae Toboporgdade, @cilgerms
bodstmmosbeldob @addy 3> @ Fakdmowagbl bodbgmab



Foboogds 211 oy M geoobo c-dmbo@nbyhos s X eloc @,
35806 in(X,M)<0.

36303905, gnjgom, xeX ws O, athol x-ub Goolly wos o
X-80 X € loc®, >dogmd dmodgdbyds abgoo mas ¥, dopsdm, God
xeV,clV]. €0, ws V), €M Bsp68 Fru¥, V], Gogpsb [V,], €@
> P, fsggdommos X-To (o BsWbawsdy [V,],-Wog), o
Jgoobolb  c-mbmdmbyhmdol gode FrV,e®  gh go 6oBbogh nﬂ.sl).‘

God in(X, M) <0 Fobororgds ©ad@ oggdsmos

Fobseoregds 212. oy M Bym@odmogodgto gamsbos, 35T06 loc B
geobog dge@odmogodatios

088 303gds. X eloc M 6oBboglh, @md X-ob  ymggmo x Fyaddo-
mobsmgol o gmggmo mos O, foadmbamgol s@Lgdemdl obgoo @os
V, 8opsdm, @m8 xeV, c[V.],cO, mo V], e® 6Goppob Yeloc @,
2dn@dmd gmggemo ¥ FaGdomologol ws O, domadiubmgel s>@bgdmdb
Y-Bo @os ¥, Bawsdm obgma, Gmd yeV cV1cO, wms (V] e
3o dgen z=(xy) bgdoblughop s@hyyma TabHomos XxV-T0 ms U
z Gytdogmol Goody wos Bowodms Xx¥-Uo, slob sébydodl  x
Vat‘)(’)nm?b X-30 mos Bogslen ¥, > y Radogeob ¥ —Ta pos
BogoBer ¥, abgma Ged [V,], €M, [V,], €M o

zeV xV, clV,xV ], =V 1, xIV.], eV
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gobonsb z Faddoro ws U, wus dowsBn X xY -0 oge s@ligyeno
b6gdobdoghsw, sBohmd X xYeloc® Fobsmopgds 58/ 03 g0gEmas

. Vobopspgds 213. o B gamsbo c-Ambodmbadios, 4 Bsggdomos X
Log@3980 s in(X,M)<0, DoTob in(4,M)<0

59840398, gmpm, xed bydohdoghap s@bgnme Fyddomas A-
Bo @ O, 23 Fyhdomeb @aoly @os Jopsims A-To, 35006 Amo-
dgdbgds X -Bo mos Lodksgmy O obgme, Gmd ONA=0, Goppsh
in(X,M)<0, >80§m s@bgdmb X -0 o> boddagmg V. obgmo, God
xeV!c O > FrV! el geosbl asbhgobomon bodésgmy V, =V, NA
gbogos, Gmd ¥, @oss A-Bo o Fral, cFr V) gobsopsb FraV, fo-
Jadomas Fr V! -Bo, boge Fr Vel sdodmd B gasbol c-dmbm-
BobngGmdol polo, dogawgdom Fril €@ gobsowsh ved s O douges-
dor s@bggeno oym  bydoblogdspe, gugdygmmdm in(AM)<0 Yobws

o> o3P0 ames

ogmegds 213, gojgem, M Avpdopn, dgmdndmogpdydo gamaboo.
HmEmds in(X xY, M)<0 badstogmashboo 35906 s Abmgrme ATk,
Goggbsg Ygbamgdgmos Aydggae mobo 3Amdopab gen-ghmae

1. indX =0, ind ¥ =0,

2. X elloc m, Yeloc

3. Yeloc®, ind Y=0 s in(X,®)<0.

4 Xeloc®, indX =9 s in(r,@)<0 -
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338408 (vn3omadmmds) gahgghom, God me in(X x Y, m)<0,
95306 bgmrgds bydnmBmygsboma JoGmdgdowsb ghm-ghmn. aabgo-
bomeo mobo Fgbadmn Bgdmbgggs
. 1. indX=0,ind Y =0;

2. indX>0,ind ¥>0,

3 indX>0,ind ¥=0,

4, indX=0,ind ¥>0.

L oy indX=0, ind ¥=0, 3596 Bbigmgdgmos bglmm dmygs--
bomo J0Gmdgdarsb 3edggmo

2 oy indX >0, ind ¥'>0,85906 212 ;mgméglols dsgmom, Y e loc
©> X eloc®.

3 on indX>0, ind Y=0, 85906 212 ogméEglob dogmom,
Yeloc® o ind Y=0

4, oy indX =0, ind ¥>0 85906 2.12 oymeigdol dogmom, ind X e
o indX =0.

(LogBotobimds)

) o9 indX=0, ind?=0, 35306 ind(XxY)=0 (s >30(m3 g
609365 13.1-0b dsgmom in(X xY, #)<0.

2) oy Xeloc M o Yeloc &, 85306 Fobsomgds 212-0b dsgrom
XxYeloc®, bmmmn Fobsgopgds 2.11-0b damom in(X <Y, M)<0.

3) 3mdaa|m obgns, @emd Xeloc #, indX=0 wo in(Y,@)<0. gobyy
bom, Gmd in(XxY, M)<0. godpo z=(xy) Xx) bogéhael bysnb-
dogmo §g@domos o U, o8 Fahdomoal Bgdoliog@o dowadm aligmo,
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6md zelU,, 35906 >@lgdmdls x-ols obgmo O, dosdm, Gmd x€0, ws
y-ob obgmo O, Bowsdm, Gmd yeO, wo z€0,x0, U

Goppeb X eloc M, sGlgdmdl ¥ abgmo, Ged xeV, cV,c[V,]1cO,
o [Vl e indX=0, sdopod sGlpedb I, abgmo, Ged
xeW. oV, clV.]c0, ws W, goshoggpomos (o Tr, =@) X-o. go
W, mosBoggdomos [V,],-To gofanob B c-Ambogbyhos, sdngnd
W e Sdhogop W, otol  gosboggdogre s W, el Gopysh
in(Y, M) < 0, 530§™md sALgdedL obgmo W,, @il vel, c#1cO .o
Fr, W, e ®.

8o6gobogmar W =W, xW, 36 zeW =W, xW,c0,x0,cU >
FroW. =([W,], xFryW )YU(Fr, W, x[W,],)  coppeb F W, =@, sdo@md
(Frx, x[W,),)=@ 3gmeagh 8behog [W,], =W, >Bogmd

Fr W, - W xFr\ W,

Bop@0d, W, el s FrnlW, e bogoe gemobo B Anadodmogadidos
>8o@ma, W, xFryW,e® go Fr¥ e 8 goboogsb x Fghdomo @ do-
bo @os dopsdm O, sgodhago bgdoblnyhog, sdoded in(XxY,M)<0

Aymarby FgdmbggzeBo ©sAG eI Fotodatogds bybdom obggy,
Gogmag 933 Fg8mbggzedo ogmegls weddoagdymes

grogao 2110, in(Xx X, B)<0 BTob ws Fheymew BoTob, Ams
Uybenengdapmos Jagdom blmmgmagno mbo Jurdoesh jho-yhmo

1. indX=0, ind ¥ =0;

2. Xeloc®., YelocH:;

3. Xeloc B, o indX =0, bngee in(¥, M)s0:



4. Yeloc® ps ind ¥ =0, boygee in(X, .)s0

Borgpe 2LIL in(X xX, Mue) <0 BoWob o Jbogmergy AoBab, Gingzo
YbeEgmadgeos Jggdmm fsdmmgmagne mmbo dotmdosh ghon-ghmo

1 indX=0, ind Y=0,

2 Xeloc M, YelocH,,

3 Xeloc My s indX =0, bogmin in(¥, B ) S0,

4. Yeloc My 0o ind ¥ =0, bogoer in(X, B pe)<0

Yregae 2112 in(XxX, Me)<0 Wb s Bhogmoag AT, @Gmngs
UgLrgegdgeros Jagbmm Fsdmmgmagme mobe Jofmdoesh ghm-ghoo

1.indX =0, ind Y=0;

2 Xeloc®y, Y e loc My,

3. X eloc Mycwo ind X =0, bogner in(Y. M) SO

4. Y eloc My o ind V=0, hogne in( X, 8, )<0

Bgrogao 2113, in(XxX, M )<0 BTob > Bbomop 35906, Gogs
Bgbrgemgdaemos Jggdme Bodmogmagne mobo Johmdowesb g@m-jhoo

1. indX =0, ind ¥Y=0;

2 Xeloc®, Yeloc B,

3 Xeloc 8 o ind X =0, beogrm in(Y, M )<0:

4| Yeloc M o ind ¥=0, bogoer in(X, M) <0

Tgregae 2114, in(Xx 1, Wy)SO BTb @> Abogep AsB0b, Gmgo
Bgbdgegdgmos Jggdm » fodmmgamogno mmbo JoGndogsh gho-jhoo:



1. indX =0, ind Y =0;
2 XelocmNo, Yelocmno;

3. Xeloc My, s indX =0, bogwes in(¥, My,)<O0:

. 4, YelochNO o indY =0, boyme in(X, M) S0

Ygregae 2.LIS. in(Xx X, W) <0 35806 0o Abmmoo 3506, [T

Ybegmgdgmos J3g8mn hslmngmomo mmbo Johmdogsk IOm-gGn0:

1.

ind X =0, ind ¥ =0,

2. Xeloc®,, Yeloc ey
3.
4

X eloc Moy o indX =0, bogne in(X, M.)<0:
Yeloc B, o ind ¥ =0, bome in(X, B,)<0

§2 mogobggemo Hm3mmeyoyho K3 Iggools ws babygatingngdol

bogh3ggdol LEGRIGTGS.

28 JotopmonBo fggh § 1-T0 Aopgdgem TUgwgegdl aodugoyybydm
Log@ggos mogobggome GmImmngogen babggafxanmobs ©s Gmdm-
aepon@o xaTnRgdel LEGIeaGel meboragbee

|
ogmegds 221 gojgom, B Agatagoe Agmdeimasdgtie jeesbos,
8806 X loghgob msgobgasmo  dodmmagondoe  SCY) Babgysé-

Xaag0b Log@@obsogol ind(S(X),M)<0 DaTob wo Abeygmeny  D5dob,

Gm@s indX =0,56 Xeloc®
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©o89303g00.  (LogdoMobmds) g Bariglgbol byimor  Amygobamo
0goAgdeb dognoor (ob. a3 29), gmggemo X Loghgol Gm3mmampot
.S:(X) 6obggoh%a3g0b Loghagb sdgh baby S(X):)ZX', o6y S(X) sthals
X" Loghzggdol n=12,. @mdmmeponGo xsdo oo indX =0, doT06
@3boos, Hmd gmggemo n 2 [-mgob 333693 ind X" =0 Bspsd ind-ob
>bom  bgmpsbbmBaggdesto  Loghggool  Hmimmegogio  xolo
damsg bgmpsbbmBomgdosbos (ind-ob sb@om) go IndS(X)=0, sbg
ind(S(X)M)<0. gojgsm gbgns, Gm3 X eloc B 3sT0b gmggemo n21-
agob 3330693 X' eloc M (gobsogsb & jemabo Amm@odmogsdmdos)
gofiggbmm, @mB S(X)eloc M Astmemog,  godgoo x 6gdobloghog
2@hggmo Faodommas S(X)-30 o O, jo bgdobdoghoe oMliggmo
o> Bopsdm x Fa@Gogmobs S(X)-Bo 3506 sAbgdmdl ghmawyhomo n
olgmo, Gmd xe X" pobgobommar O/ =0,NX* Ghowos, ol O] moss
X" <30 > x€O, gobsogsb X'eloc M, ~do§md >Abgdmal X -To gos
Bogs8m V! obgmo, Gm3 ceV'clV].cO wo [V].e M Loddsgmy
V! moss X*-Bo mo X° moss S(X)-To sdadmd V! moss> S(X)-90
sdkopamp figgh godmggm S(X)-Bo o> bolGagmmyg ¥, abgmo, Gmd

xe¥icl)e =l €00 0o Wl e ®

g0. 5Jgresb  S(X)eloc | Bop08, B>dob Foboporgds 211-0b dognom

3;@367}@(060) ind(S(X), |)<0
(>ggomgdmeds) godgen ind(S(X), M)<0 b grhggbmm, Gmd
8506 ind X =0,06 Xeloc® ogash S(X)=V X", sBopmd Xx X



>thols S(X)-ob Fsggdomo Jagboddogumyg o sdodmd Fobsmspgds 2.13-
ol dogpoer in(Xx X )< ind(S(X)M)<0 yo in(XxX &)<0 Gopyob
M Apadogoe, AgmAedmogsdotio  guabos, slognd mgmégls 2130l
Qogmom, X eloc B 56indX=0 ol ©sdf oo agrbrpmps

3o6Lsbmghgds 22.L stomgmop X boghagh gfmegds B-aTméo-
Ydgdowo, Logps M Gm3mmmpondsge  boggdomo  ganabos, o4
goggmo X Do Boggdomo  stomgmwowe B holdogemoborgl  pgadgh
AM(B) g¢loc ®. (AM(B)-mo >pboBbgmos ds@jmgol sbh@om msgalgas-
o sdgmols HmImmmpegho Xagne)

Bg6oBgbs 22.1. sppgogma bohigghgdganes, GeP goggmme sGamgmswoe
3083538900 boghcy Mo Bme Bue Bx, ~waTmdnTmégdagos

0geeigds 222. gnjgm, X stemgmome M-wpsdntoludgdsge jnid-

35J§0o, Logs M dpatope, dgmdodmagedHaho gemabos, 3s%ob Agd-
g0 0gobgdgdo gygegemabhyhos

1) indX <0

2) ind AG(X)<0;

3) ind AM(X)<0;

4) in(AG(X).N<0;

5) iln(AM(X).WI))SO,

6) Ind AM(X)<0,

7) Ind AG(X) < 0.



88303980 ©388,403980L hogodotigdm 1) =2) ©3) =4) &5) =6)
7) =1 bigboo. xad gbgghom 1) =2) Aemash X gmddsimce
Loghzge, o80md AG(X) sxangeb boghay K, bogéggs (ob. (8D, ge
AG(X)=0A4,(X), bogag A.(X)-00 oboBbgmos AG(X) xaamob dgg-
Loddogmmg, GmBgmog Bgreagds bodyggdabogeb Gmigmas bog@dy <n-
Py gogoo (ob. [8), @M A (X) gmggme n=12, . FohdmoppgGh
AG(X)-0b 3m835)87¢4 Jagbogmagl

gohggbmm n-ob 308> obryjioom, @md  dim4 (X)=0 yoggmo
n=12,.. bodgmomydo Gogbgabmgol

Gogs a=1, 85806 A(X) séob  X-ob, (-X)-ob s {0}-ab
dm3mgmmaog@o Ko, go A4 (X)=XV(=X)V{0} @sppebindX =0 ps X
JM335J@0s, 2308ma dimX =0. gobaowsb (-X) @s X JmdgmBméggmos,
s80@md  dimA,(X)=dimX =ind X =0.

wpogdgem  gbas, Gm3 yjgms pSn-l ba§gtomytio  @ogbgo-
bamrgol basds@omoasbos dmanmds dim  4,(X)=0. aobgobogpmer 4,(X).
gboos, 608 A= ALOUALINALX)  Gomgob  4,,(X)
Baggdomos AG(X)-30  (ob{8D, Sodmd ob Boggdommos A, (X)-Boi
2B08m8 A, (X)\A4,,(X) gos> A, (X)-Bo.

gobggbmm, 68  ind(4, (XA, (XDL0 Béomsg,  godpo,
ae A (X)\A, (X). gb 60Bbogl, 603 a FodBropygbb # Lop@dol
w4306 bodlpob go  @=gX,+eX,+ +EX, lLopsg £ Hmmoo l-ob
86 -l-ob gmggemo i=12,..,n-030b.

ao6gobomme @ Fa@ommol 6gdobing@o o> O, dogsdm 4,(X)-Ba.
ogmégds  14.3-0b oobobdop  oGLgamdge  A,(X)-To  moshisgghomo
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Joaboddsgamggdo  ULU,..U,, éedmgdag >gdsymgomgdgb  Vgdpgy
30Mmmdgdly

L x, el ymggmo i=12, ,n;

L2 UINU =D éoogs i+ 5, =12, ),

3. 6U, +&,U, +-+6U, boBdogmy Fohmdmopagbl @ Fb@omol @os

8oesdmb A4,(X)-Bo,

4. U, +eU,+ +eU,cO,.

G306 gmggsmo i-boogoly U, JA3sdyos, sdogmd .
U +elU, + +&U, stob a Tyddogol  mos-ymddsddaco Jopsdem
A (XN\NA,(X)-B0 Gopasb a Fyhdomo oo Jobo Bomslm O, s@hggmo
ogm 6330b80g@oE, 5Jgesh 3sdmdrobormgmal, Mmm8 indA4, (X)<0. Agmagh
3bog, A(X)\A4, (X)-B0  Bojadesma  gmggene KA (X)\VA, (X)

Jagboddsgmoalsmgol ggedab
dimF <indF < ind(4,(X)\ 4, (X)) <0

35306 obrgdogno wsBggdabs s waygadol mgm@gdol (obmymagds
135) dogmoo gmgdgmmdem, Gmd dim 4, (X)<0. Gapysb AG(X)=9A,(X)
s AG(X) boghay Gm@demygéns, sBodmd  gaeb  mgmeéglol
osboblop, a3gd6gd>  dim AG(Y) <0. go ind AG<0.  1)2)
©oBgaggdgmos

223 g gomeb  ogeeylat  osbeblse  (cbogmdgls  141)
AM(X)NAIG(X)XZ, baog Z Amgm dogbgms bodGagmgs mabyég-
S0 @mimmegoon. ododed  AM(X) Jedymindgames  AG(X),

v X 3 MA0T A0 codobo, bags
dogbogdiggms  VAGWX),  mdemmey X G

AG(X), = AG(X)x{i} ymggemo i=12,.. gobsogob ind AG(X), =



dimAG(X), =0 ymggano i=12,. -ogol, 530@md xofob mgm@ydelb msbab-
B 3390698 dimAM(X)=0 go indAM(X)=0

3)-4) Gopast M dpp@spo gmobos s DeM. sBodmd BoBgmols
qgm@gdel dogmom (ab [52] 18 ogmeigds), 33946g%> in(AM(X), M) <
indAM(X) = ind AG(X)=0. ds3 gbws 0330904033060

4)-5) 333mAobotigmdl g 7sfigeb mgm@gdomst [56]  Bsdmmag,
in(4G(X),M)=0=>in(AM(X),M) =in(AG(X)x Z,ﬂ():in(l\_‘/lAG(X),.wzFO

5)=6) hggb <¢bps gohggbmm, Gm3 oy in(AM(X), M)<S0, 35%b
IndAM(X)<0. ogn9gem  LofobosmBmgam, IndAM(X)>0. 35906
iNdX>0 (Gopob oy indX <0, 35306 Do2) oddmagognob doman
NdAG(X)<0. bmgm 2)-3) oddmegsgeob  domon  ind AM(X)<0 )
Bop@e8, AM(X) stob o-3m3sgde @> go. gobomygdo JmBdsi§o
2Bo@md  dimAM(X)<indAM(X)=0 gb go hggbb W00l  gPobo-
omBgagde. go. indX >0 goboogsb X jmddsidos s indX 20, sdagma
dimX 20 ogmegds 133 dsmom gmddsddgd X bogéggdo  odby-
3edb m3dsdBde Jagbog@gade £ oo F, obgomo, hmd FUF, =0 e
dimF >0, dimF,>0. pobgobomome gm8dsjde F=FUF,. doppsb
FNF,=2, stoged F goddsigo dodgmdméggmos  FVE, dedome-
3090 ool @ pofigob  ogmdéglel  dsmmom  magobigagpe
6(')3"'@%;’*:1“’0 xauge AM(F) §m3mmegogheg  obodnbggmos
AG(F)xZ-ob  Goash  in(AM(FLE)SO,  slagmd  agoj3b
in(AG(F),M)S0. omgbodmm G(Flom  AG(F) xaageb  Jagxaano,
Gmidgmo@  SERIRAHYOR . @dmgibagos X bLogagol  F o jodis)-



Bafo Jagboghgom 3bmdogmos, Gl G(F) Bisggdomos AG(X)-Bo ws
G(F) dmimmempgoghon 0bmBmdegmes AG(F)-0b go

in(G(F), @) < in(AG(F), ®)<0

B ‘3560l mymAgdon (obogmeyds 14.L ) AM(F )=AG(F)xZ. go
AM(F):S/IAG(F),, boag yoggmme i-bogo (=12, ) AG(F), Jedgm-
dndigamos  AG(F)-ob  gbsgos, G0d  in(AM(F),B)<0. Bophed
F=FVF, @bmdogos, 6nd AM(FVF,)= AM(F)x AM(F,) (ob @ [8)

>30§mad
in(AM(F)x AM(F,), ®)<0.

8706, mgmigls 213-0b dogmom spome gd6gds JagAnm hoBmmgmogmo
Bgdmbggggdogsh gho-ghab.

1. ind AM(F)=0, ind AM(F,)=0;

2. AM(F)eloc®, AM(F,)eloc &,

3 AM(F)eloc®, indAM(F))=0 msin(AM(F,),® )<0,

4 AM(F)eloc®, ind AM(F)=0 w@sin(AM(F,), )<0
30630036 X kol B-sBmA0Bm@gdonn, bomem F @s F, sthomgenos-
00 Jggbogdggdos (gobsopst dimF >0 eydimF, >0), sdofmd
AM(F,) gloc B o> AM(F,)gloc®] 5]ar6 3o8mmobomgmdl, Gm3 bg-
Amobsdmmgaomo mobo Fgbsdmm Tgdobgggomsb 2)-4) Ngdmbaaggde
asBmamogibs. gofiggbmm, Ged Bgpdmadgmes 1) Gydmbangag
agdgen LsGobsomdmgam, Gmd indAM(F)<0 wo ind(4M(F,)<0)
30606 F, < AM(F) s F, < AM(F,), 3mpdgromde ind F <0 @y
ind ; $0. 3306 F-bs s F;-0b gmBls)@gtimdeb aodm, dim F <0 gs dim
F, <0 853658 gb gfobsomdgagds o gojdb, Ged dim £>0 ws



dim F,>0 s3cGogoe, Bggh wodggdol, @Gmd IndAM(X)>0 Bogysgston
FobaomBregamdalmg 083magoes 5) =6) sy jn3gdgmas

6)=7) 35dmBwobomygmdl ¢ gatimol mymeglowab
. D=1, Goppsb IndAG(X)<0, sdo@md indX 0, gobsngsb X skob

AG(X)-0b Bsggdommo J3abog@3g. mpmégde @sddoagdganns

0gmegds 223, gunjgen X séob B-wmsdméodndgdspe K, -Loghgy

Laeoz M Awpdomo, Igm@odunogsdgto guvsbos, 8586 Tydwgse do-
Gmdgdo gs308om96HHos

1) indX <0,

2)ind FG(X) <0,

3)ind FM(X)<0;

4) in(FG(X),M) <0,

5) in(FM(X),®))<0.

wsddJoagde.  adhgoEgdel  Fgpelidgmgde )=22)=>3)=4)=25)=1)

ggBol dobggom
ogsdfgogme 083magoes 1)=2) toaoh X odals K, -boghgy,

>80@md >6bgamdl X bogeéial K, -5y go  »ébgdmdl X
Logéhgab X, - (i=12,.) Jgaboghggors Liobdgds, Gelgamoa ogdsymgo-
madl Bydegs JoGerdgdb.

) x=gx,l;

2) X, gmdgBos gmggemo i=12,

3 X, c X, ymaasee i< (i, j=12,),



4) 4 Lodéogmmy Roggdomos X -Bo 35B0b s bmmeo oTob,
G ANX, 3033sd@umos ymggmo i-bogob (i=12, ) goggom X-
ol K, -309ms  shob X;g,\’,, 35906 GF(X);QQF;(X‘)’ baga
Fi(X,)) oaboBbsgl X, gangB8368gd0bagob §oth8mgdbom Logyggdol Lod-
Hagangl, Gmdgmes bogMdy < j-bg. gbopas F (X)) FG(X,) ymggmon
J=12,.-mgab. gohggbmm, Gmd ind FG(X,)=0 ymggmo i=12, .-mgab.
3936086mm, @M F,(X,) 4m33s]Hgmos gmggmo n-bogols

0bpadaoon (n-0b 30dsém) gefiggbmm, Gmd dim F,(X,)=0 ymggmo
X, Jagbag@gobomgols

DBomag, Gmgs n=1, BBob dimF(X,)=0. @Gsppsb dimX,=0
sdogm8 dimF(X,)=0, F(X)=XVX'V{lI} ws393gm, @Gmd gmggemo
pSn-l-mgob bystimgnasbos Gommds dim F,(X,)=0 gohggbmm, Gma
3530b dim F,(X,)=0. gbswos, Gmd

F(X))=F, (XQU(F(XI\F, (X))

Gopasb  F (X)) fogadomos FG(X,)-Bo, ododmd ogo hoggdoemos
F.(X)-303, 8306 F,(X)\F, (X)) poss F(X,)-To. gohiggboo, cmid
ind(F,(X)\F,(X,)<0. Bsthommog, gofgem @€ F(X)\F, (X)) b
FoBbogh, @md a otol n  bog@dob  gggge  Lodygs  ge
a=xf xfr . xf, Lopog & Bmswos | o6 l-ab aobgobomoe a §o@-

ool 6gdolBogho wo> O, Bopsfm  F,(X,)-Y0. 35Yb  o@bab-

aasmb‘;n-xmndgcﬁnh mgdol dogmom (Geadgemogg badadmgmasbns FG(X')
N ngobsmgob), >tlgdedls  mos gM33sd@ndo  UnUseaU. bod@ag-
oggde, Gedmadog >g8symgomgdab Fgdead JoGedgdl.

1 xel,i=l2.U;
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2. UNU, =B, i+jl,j=12,.);
3. boBéhogmog UF UF . US Pormomaibl o Famdomol oo
8oolBmlb F,(X,)-Bo;
T4 UR U . Usco,

@orash U, jm3dsddos  gmggmo  i=12, J-mgob,  s8odma
UP Uf .. UE stab a §Fyédegab @0s-3m33a G0 Sopadm
Gopash @ Fyd@omo ws dobe O, dogsdm s@hgnmo oym bgdabdog@sg,
Bogmd  ind(F,(X)\F(X))SO  yoggmo  FCF(X)\F, (X))
Jmd3sJBobamgal, 3gadab dim F<O dowpab obpyigondo psBggdom,
dim F_(X,)S0, s808m3 b @omggfeb ogmégdol (ob mgmégds 135)
domom  agadbgds, @m3  dimF(X)S0  go  yoggmo  i-hmgob
sdfgoaes,  @m8  dimF(X)<0  xo8b  ogmagiol  dsgnom
gogdgmmdm  dimGF(X,)S0  Gopash FG(X) 4mdds)gos ms K,
bog@igs GF(X);/QIQE(X,) sBoded %ol mgmégdol mabablam
230J6g%s dimFG(X)<0 ofgresh ps3mBmabodgmdl FG(X)<0, dry

2)=>3) gogdgom, iIndFG(X)=0, goboowob X cFG(X), ofodmd
indX =0. pobgobogmmm X Logdgobs ps ghmgmgdgbdosbe Loghgol
Bm3mmepoio xsdo ¥=XV{p}, bopsg {p}eX goboogob X ool
K, ULoghig, odogmd indY=0 1)=2) o@3grogageol dogmom gogdy-
memdn ind FG(Y)=0. 85p@53, (36mdognas (ob [8]), @m@ FM(X) §mim-
MR0AQ n%‘mﬂm(‘m’;}mno FG(Y) >3ode8, ind FM(X)=0

Goppsh ind FAM(X)=0, 580§m8 b 8méiobob mgmegdol (ob mgmeigds
142) ooboblsp FM(X) xan380 Gmimmmaondse a'bmdmAggmos
FG(X) xaap0obs s 8oger @ogbgms @obygBgdymee Z xaggeb go-
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Baddiogmmal go  FM(X)=!0G(X)*Z. sfgmsh 3o8mlpobatiymal, @md
FG(X) xauge FM(X) X33B0b  Roggdome  Jagxamges, sBogma
ind FG(X)=0 j.0. 0d3gmogages 2)=3) N A

3)=4) Gompst M BeaGogn ymsbos R &L @, sBopmd boTg@sb
mgmGgdol dsgmom (ob [52])

in(FM(X), M) <in(FM(X), D)< ind FM(X)<0

4)>5) godgom, in(FG(X), M) <0. 9bs gohiggbmm, Gmd in(FG(X),
N)<0. bydme boblgbgde  dmGolol ongmégdob dogmom
FM(X)= FG(X)*Z. coppysb FG(X) xagpo stob K, bog®zg, sdodma
0o begaros 5 ggomob sb@oo (ob [8) s 530l ol FG(X) Foé-
dmopagbl FM(X)-ab Boggdom Jaoxaagl, gobsowst in(X, &) g96Jaes
c-8mbmmbg@os 330§md in(FG(X),M) S 0. 0d3magoges 4)=5) odHo-
CHEHEOH]

sgsdgogma ghams 5)=>1) 0d3mogeges go ghps gehggbmm, GmA
oy in(FG(X), M)<0 35306 indX=0. pogydgsom LsFabssmdwgam.
indX >0, 85306 dimX >0. doppaob X om0l K, boghg sObgdmdls
dobo K, potms X;IQX,, baoz ogomgymo X, gmddsjBoo

©a398g00 i, obgmo Byd@smng@e Gogbges, Gmd dimX, >0 (o
sbgmo iy o >BLgIMBL s ymggmo i-bmgob dimX, =0, 3>Ynb 80l
ogmmglol dogon, dimX =0)

Gowpsh X, I4m835480> > gogom, Gmd dimX, mgmas X, -ob ddg-
qomdob gmA3mbgb@adal dim 256%mBogngdgdob brgidgdgdel (ob [28] ),

>80m8 >6bgdmdb  ddyemo gmd3sjdo ¢'-th abgmo,  Gmd

dimg® =dimX,. 131 0gmégdol dsmoom, ¢*-Bo 3m0dgdbgds hoggdosmo



Jogbod@ogmggde  FY s FYY abgmgda, Gmd  FUN R =g
dimF*" >0, dimF*® >0 GaRpsh ¢* ddgmas,  ligdmdb Vatdogma
ZE¢"\F""’UF;':”’ (Fobsswdegy  dgdmbgggsBo # Ro0Bmpdmps ™6
>620365833000  Boggdommo  bodtogmoals 259%m0sbgdon, @ag  gfobe-
smdrgagds  #*-ob  Adgmmdsl)  gorgem YV =FUF®
Yo =FOUF* Ufz)  dogpsb FONFN =@ @y zgFoFa,
230dmd ¥, Jmlgmdmegumos FU-obs @ FYY gmimgnmgenhio
xotobs. go ¥, = F*¥'VF*  bognes ¥y = FY"VF¥V{z} hagos ¥, o ¥
X bogdgob gmd3sJeate Jaabegheagdes BsTab ahsggol ogm@glol
dompear (ob. [8), FM(Y)) §mimmepoghon obmiméggmaes FG(Y,)
X3agobs. ¥, ool K, Loghgol gmddsddyco Jagboghgg dedmd
FGX)  xpageb  Jooxaasn.  Gmijmeg  omppdégmom  ofeb
Fokdmdbogma ¥, gm8dsgdobspsb fsgadomes FG(X)-dn ws Gmim-
mmpogioe  obmdmdggmos FGY)) osgobygere  Gmimmempogho
xa350bs. JoGmdol dogron in( FG(X),M) <0, sdodmd in(FG(Y,"),M) <0
wo go in(FG(Y,) @) <0

Y, bogeag 3mdgmdadggmos FH¥ @o FY? boghggdel gmimmn-
a0mGo godabs, go. Y s FYVFYY sBoged, b dm@ebob ogmdydeb
dsmoar  (obogméigls  142), FM(Y) %3930 Omingeyoghon
0bomdmagymos FM(FY") ws FM(F*) gmimmopogho x33ga%00
magobmgeme  Bodhsgmobs  FM(Y, )= FM(F""’)‘FM(F“")'_ >3gmeb
gmeEdshol  ogmagieb  degom (ob. [53D gRgdymmdo,  God
ind FM(F*")* FM(F*"}£0



FM(F*®)x FM(F*®) FM(F*")» FM(F*") s FM (") x Fp(F~® )
Bodgggheodsdo,  bomag i ol dodgmBemdegmmo  fapads
FM(F*)x FM(F*®)-0hs (FM(F") % FM(F*®) -0, b p
VY300 Sbabgas FM(F") * EM(F=)-0bs (FM(F*")x FM(F*")-%,
ip J083bogzns Faidasgygbl 05096 shabgals g0
FM(F“)x FM(F*) ool Foggtsosmo FM(F*")s FM(F**)-%0, sdagnd

ind(FM (F "")x FM(F '"))<0
30bo0sb ind(FM(F*")x FM(F**)<0, s8agmd 213 agmeglol dsgmon,
Ybagmadgmos Jggdmo doggebome Jommdgdorsh  gho-ghoo

1. ind FM(F*")=0, ind FM(F*?)=0;

2. FM(F*®)eloc®, FM(F*")eloc ®:

3. FM(F*")eloc®, ind FM(F*")=0, ind FM(F*")<0,

4 FM(F*®)eloc®, ind FM(F*?)=0, ind FM(F*")<0

Ao 3bmdomaes (ob  (8]), mogobygsme sdgmol Gmimmm-
20900 Kagngde AM(F-"), AM(F*™)  godemmmgoyage  obodnd-
gomos  (Bghodadobow) FM(F) Kb s FM(F*™)K, gsjdme-
% ang00bs, bapsg Ki mo Kz gmdghobdgdes  dspied

7, FM(F*") > FM(F“")/K, = AM(F*"),

7, FM(F*®) - FM(F“?)/ K, = AM(F*™)
sbobggdo oss, Slgged oy FM(F")eloc B oo FM(F-™)eloc @,
35906 YgLodadoboge AM(F*")eloc M > AM(F*P)eloc B a3had gb
yndemgdgemos, Gopgoh X -@aAmGoInGgdomos  odon éaﬂr-mém(*hn 2),

3) o 4 Uglobygggde. wedhs  Jgdobgazs 1) ind FM(F") =0,



ind FM(F*?)=0. 35433, G396 agadgh, Gmd ind FM(F*")> 0o
ind FM(F*®)>0 (Gomyoh dimF*Y>0 @y dimF*?>0) .  gobsopsh
FM(F*") mo FM(F*®) ¢-3od3s]8g305 Bagmd dim FM(F*")>0 gs
dimFM(F*¥)>0 Sogomgm {obosmdpgamds. go. Bggbo woBggds, Gmd
ind X>0 sto0 LoBotionmoske. g0.ind X <0. mgmdgds @sddgoGgdgmos.



o sgoll

3°6bmpopmgdgm dbsgembisbgmdams 356%mogrgdoma
ogobgdgdo

§1. 356%mBogmgdol Godob gy6iaagdol ymgsdaage 2°6bmpsemgdym
3A5g3mbobgmdsms gmobdo

39 mogilo asbobomgds 7-gmd3sdHa@ boghggms gemabby aabbob-
ma@gao sbbondogngdob Godob gl Jegde, @mdgmas 3admygbgdoo
BgolbTogumgds bemgae ddsgombabgivems obbmdomgdemo mgobgdgde
BgAndobogmos bygbdoe dowobgdydo boghggdol gmobo, Gmdgmag
g-3Gmobgmmmgals sbtom dogobgdg@e boghggdel [25] d9bgdenge
aobbmgopmgdas @ Ygbfogmomos oo gomegodiags Ligiesmgho
Bodob  (Bmbm@mbytio, mas) sbobggdol EAML  3obbmpsemydymmes
3 3Gmobgmenmgol ogmegdgde [25] bgbdse dspobdghio bnghggd0-
bamgol

bafstmgnasbos VgBrgae

ageegds 31L og X oéob mmgsmg@or JMA3oJBade  loghg
85306 dim pX =sup{dim @ P X, @ 6ol joddsjpel. bowsg I ¢
sGol X —ob ghmopgbgse-dutodab gmddsidgho aag;a(‘:mm;{bo



RIBI0EBs. X6 goligguiw, erd dimp X <sup{dim® &cX, @
a0l gmd3sJo}

dothmmna, Mowpsh X ool ogsmgio g Mdsddo wo pX  sthob
bo goddaJtygdo gagntionagds, sladed X woss pX 00 go G
Go pX VX fogggomos pX -do  Jotmdols dogwoo  ind(p.X¥ \ X)<0.
BWlbowady dim (X \X)<0

sgoeer pX -do hoggdesmo bgdabdogho H  Jagbogéy  obgoo,
6md He X gbogos, Gmd H joddsdos oy sup{dim®. dc X, @
otiob  geddsjgoi<n, Bodob dimH <n. go  godigoms, Gmd pX -ab
gogome gmddsj§obsogob, @mdgmog X -ob  Jagboddogmgs, badst-
omosbos gHmmmds  dimH <n. gaygzghob mym@gdol dogmon  [40],
dim X <n 56y dimpX < sup{dim@® @ X, @ >dob gmddajdo}

abms  gohggbmm, @3 dim pX 2 sup{dim ¢ ¢ c X s d Sé0b
3m330JBo} bmmsg, yoggmo DX jmBsJGobmgeb Rsggdome bod-
@ogamggdob  Jodsho  dim-ob  Ambm@@byGicmdal  aoder  agafbgde:
dimpX 2 dim®. go dim pX 2sup{dim @ Oc X, @ s@olb ymd3sHn}
sdhogor Gmmmds dimpX =n ©sd@oEgdgmes.

oge6gds 312 og X n-pebbodamgdosho ysbbmgspmdyme b
gomlabgmdos, 35306 sup{dim®@. @c X, @ sthob jmddsf§o}=n.
©33040@gds.  sogbdibue  sup{dim® dc X, @ 36l geaidds J§o}

m-on ws Fohgghoo, Gmd m=n
xyB gobggbrim, Gud m<n. sgogan Bgdobidng@o jmddsjyr P c X

30d06 dim@<m. Gopaeb X n-pobbmdognydacbo ABagom bobyndos,
G-l ymgpmo  FahHomobogel Bmadgdbgds ool ¥, ma ey



mdmégobde £V, - E* Ggbowos, Gmd dimy, =k, bogaiz &, Sn
AoEasb [ 30335100, >GLgdmdl obgmo bab@gmo
Ve »os ¥y bobdgds, Gl ¢ ,Ul V., >m36036mn U V,=H dagyob
=l -l
0gongymoe  V, ogemsedsbobosbes, sdogmd H  ogmspdsbobesbo
boghgs [34] 8306, dimH = max{dimV, } < max{k, .k , .k _}<n.
>Jgsms6 ool Amd X Adagoghiabgmdols Jerggemo
@ gmdds jBobmgab dim@<n Bogomgdm, Ged supldim®, &,c X, @-

3MB3sj@os}sn go.m<n

gbms gohiggbmo, G@d m2n, Gopash X s6Gob 7-336bmdomgdasko
Adogogmliobgods, sBadmid Amadgdbgds geime Asnb(y fadpomo ve X,
28 Fahdomwol mos dopsder ¥, o dmBgmdmégabde f, -V, > E”
3bmdognns, Gmd E" {otdmoppaebgds sbgme baboo. E"=g¢, bowa
D,-gmB3sdHos  yoggmo  i=12, cogol 85306 %80l ogmdgdeb
moboblse dimE” =sup{dim @, @ ,cE", &-gmdds)dns} go E"-Bo
>Glgdmdl ghomo Bsabz oligmo 3mddsido @, Gmd dim &, =n sdedm3d
S =1 (@)cV, >hob gmBisido, @Amdgmoi dommosbom V,-Tos o
Godmoliogolsg dimS, =n. dsp@s8 S,cX  >Badmd  dimS, ssup{dim
D.DC X, P s Joos} go nsm Sdeo EddPgopes Gmd m=n
myem@gls psdGgoagdgmmes

ogmegds 313, oy ¥ n-p56bmdogngdosbo  gobbmpapmgdgmee

Asgambabgmdss, 85306 dimc X =n. .



88303935 B3gb gehpgbgor, Giid dim pX=sup{dim® @ X © @ -
M@0} Bgmegl bdog, Aoeaoh dimeX = dim pX (ob [13]) 8ogo-
wgom, GmddimeX =n. ngndyls wolfgoagdmmos.

akss yebgobogam gowgy ghimo. gabbedoggdol Godob gyhlaes
TX

25bbodmg@gds 3Ll [13] YX =-10X =@ pogyigsm, God jmobo
08 X -gdob, Gmdgmosmgobs YX Sn-1, ¢6mdagmos  godyjom, Gemd
YX <n, oy goggmoe Fc X jmddsiHobomgob  ©s X -To mos UF
ogodmbomgob  Bruadgdbyds  wos  VF Bowsidm obgmo,  Gmd
FcVFcUF w5 yFIVF <n-1.

JagBmom hggh wopglodiegds YX ggbjool Bydegan mgobydgde.

1 o X Jsnbmagolb bogdags, 35306 ind X <yX <IndX [13]

2 o X mepmgho jeddsgdes, 35306 yX=y(aX), besg aX
6gd0ldog@o gmBlsycio gogsMomgbss 0-p06bmAamadusbe 6obégen
(13]

3 oy X megsmygtio joddsidos, 85306 yX=IndX [24].

4.0 X mgeogdsboliosho bog@gs, 3aT0b

ind X =yX=dim X =Ind X (*)

)
5 og Ac X, 3Bab yA<yX [13]

ogmigds 314 oy X  n-pabbmdogngdasbo Aab'bemgaued qune

ﬂﬁ.\ﬂ.\;"{’lmh{)("?ﬁhh, Asdob ind X = dime X =Ind¢ X =yX=n



33303980 bgdmmBmygabogmo 0gobgdgdols  pemgsmaobfabgdon
bagdamobios aohgobomm, Gmd  yX=n KAG  gohggbmor, G0I  Ladsm-
ozasbos omgzeds YXSH sgoszom 6 Rablogeo goddslye Fe X o
dobo 69%0b30gd0 UF wmos dogaldm X Jo, gbes gobggbmm, Gmd sé-
bgdmdlb obgmo Bogsde VF, Gedl Fc ) FQUF s yFr VF <n—1

Goyob X n-pebhedogogdosho  Bcagspmbabyemdas s UF oo
dogodns F-ob, yoggaoe xeF-mgob dmodgdbyds obgoo ¥, dopsdm,
603 .V, > E' 3edgmlmayobdos oo ksh.

Goaob F jmdds]Bos, sdo§mB sMbgdmdl Fyhgommgdo x,.x,, ,x,
s oo Ygbodsdolo mos ¥, Bowodmgdo, obgme @Gmd bobdgds

V,V,s- V., Votdmopagbl F-ob  LobGgm (aom)) mos mogadgsb, go.
FQU V, =W gobsosh W ool mos bol@sgenggdol  bsbdgamo
tal

35000056935, GMdgmmsgeh mommggmb 5Jzb mgmmemo dobe, sBedmd
W-bog oJgb mgmoomo dobo [I] @oppsb 03maedsbobosh bog@zggdde
Lodotiongmosbos  Gmanemds (%), oBohed W-L geggmo  Jgobodésg-
gnobamgol bododonoabns (+) Hrwmds.

smgboBbmm H-om WNUF 35306 H stiob obgmo oo Loddsgeeg,
Ged FcHCW. Goppsb W abpggodgdame dmimmmyoesio mgmag-
dabobookos, bmmm X Ggygmstio, s8odmd sGLgdmdl olgmo dopsde
VF, G088 FcVFC[VF], cWW o indW <n. y-pobbmdugngdob dmbe-
Hebghmdoeb o yWsn %Bo6  >AbgomdlL  obgme dopsldm  OF,
Godgaro QoSS W-80 FcOFcVF ps YFr, OFsn-1 bodtagsmg

VF], oggdommos X -do sdogmd  [OF], =[OF],, =[OF], wm»

Fr, OF =Fr ,OF hggb go goGoon Gmd YFOF sn—1 ofgosh aosiind-
»



2065Agm3L, Gmd yFr, OF Sn—1. Goppsb UF @ OF Sogslmgde 65dob-
dog@sm oye s@hgamo, sBodmd vX <a

abmmo goliggbemm, Gold yX 2n 29bba'beg@gdol oboblsr Ghgdmdl
abgoo Fabhowo x s dobo Bogodm ¥, Aedobiongobs bdmmmgds
Jodeds [V, 5 E,  f, Jolgodecwgebdos b y(V,)=y(E").
Goyab E7 mgamagdsbaboshios, sdagmd

Y(E")=ind(E") =dim(£E")=ind(E")=n.

0gobyds  5-0b  godm  (ob 2367 Y(F)=y(E")=nsyX, s Jagrooh
300 gmmde YX =n ogeégls ©s3dgnedgres

Ghmdogos,  Gel  JoGogmlisdine  Ahagsmobsbyedgdl  odgh
Vgfegae mgobgds (5 § 3Gaygiol mgem@gds)

0 X 3s64mBoddgGe > ddgmo n-IGsgombobgmdss s 4 by
dobdogo Jagbod@agmygs obgme, Gm3 dimA=n, 3>T06 >Abgdm3b Foa-
Gogmo aed @s wos datonge S(a,) obgoo, Ged S(a)gc A

fggh ghems gofigghgde, GoE sbommpeyto mgmégls bedstmmmasbos
dimc po6bmBogngdobmgolisg 08 BgdnbgggeBo, Gmas 4 mgsmyéio
RIRIANE GUN

Jatdme bads@mgmasbos Fgdraao

ogmagds 315 godgom X skl 3ebbepopmyd gme  Hodugme-
307G n-dGagombobymds | A dobo 6g30b30g6G0  mearygtae  gmd-
IoJondo  Juaboddagungs (obpagotgdgue  Gudmmeandn) @
dimeA=n, 35706 A Fgoasgb Bogs (addomb .



053840398, Goppsb A feegormgdo  JmddsdHos,  s8odmd
dim g=sup{dimF,- F, cdps F, -3m335dB0s  4-An} go  s@ligdmdl
abgmo 3oB3sJdo F,, ded F, c A ©> dimF, =n gobsowsh X n-Ats-

gombobymass  goggmo  ve F,-bogob, 8o Igd6gds  oby V., ®md

xeV, wo f, V.- E' dmgmdedigobos, bowog k<n
Gopanh  F, JOAdsdBos 2O bgdmdl x,x,, Xy \}'3(‘»(‘)0;@360[)

a

Lobémmo  Goopyhmds  obgon,  @ed  F, =UV,, 2036036mo
=1

V! =V, NF, sgomoo el F‘,='L:JIV', F, 83Gobgdapoe  jmddsidos,
stogmd dim £, =max{dimV§ go s@bgdmdl obgmo i, d 1<i<m s
dimF, =dimV, =n. 3568 V, stob ¥, -ab Jggbodtisgamy obgmo, Gmd
dim ¥, =dim V=n 35906 dGagydol ogmégdel dogmom (obag 69), V!
Wgoaogh Togs Tag@domb, oby F, s 85Bsbogady A4 goiagh Boge
Fatdoml ¥, -ob dods@or Aop@sd ¥, moss X -Bo, sdo@dmd 4 googh
Bogo FaAdomb X -ob Bodstior mgmegds sdHgo@gdamos

gbeos gobggbmm, @Ged dime ao6bmBogmgdebogol gl ogmaégls bs-
bmpopme bols@mnmosbe s@ s@ob, Gmgs 4 stss mmgumyhoe jmd-
35]§7G0

230mmo  ©IPOHeL Bhoggnbs Jnbrobsdgms bobdgds. >pgbod-
Bom K={(x,y)] 0<x<1,,0sy<h} go K oéob ghogmgabo
Jgoedado  pabgobogmmer  dobo JogboBaéagang S, pabhabrgdigme
sbgmbontse S={(xy)| b x 36y Bagombsmytos @ f)<x<l.,
0<y<l,} gbowas, @md SCK. 3ago0p0ggom (0.1,) Ambagggme 3ok
dstommgmnd (1,,C) dmbsyggmmob, beogem (0.1,) Bmbagggmo ol Jods-
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g (1,,C) dmbsgggmmsb  Bogopgdm GmAl domadgmo bogkgy
5036086ma T-ma. yabgobommn f KT o03606mo  f(S)=S"-o0m.
@bowas, Gmd S 6mpebbemdogagdashos (dim ol sbéom) ob ofbgds
SBypen, pbydom dguen ws wegemrghion pbydsw dgwe o
JM33sJde,  Gmignal ©odogds TS 0-pobbmdogmgdasbos. T
Fotdesweagbl S'-ob JnAIJBHAG pagstmmngdab, Gmianoly bobémn 0
&b boxdugngdnsbos go S stiols z-gmddaJdudo bogagsy

byanostighgmb  ogn@glopsh  [28] 3odmdmobotigmdl, @md T yo-
Fonmgds Fomdmomaghl Bobolsmy®  Legmymuom  pogsGmmgsb
©> 3dbmsb ogo sflodommygdes 3g6JBegmadymae Gobimol djmby
3ogohmmydgdl  Fméol s fgesb godmlpabotigndl,  @Gmd S
oMo bdsmol  gogstomgdss, 8odmd dimeS' =dimcT =2 gmagh
3brhog, T gmdsf@os wo dimT =dimcT = 2.

Jogogo, Ge3 dim $'=2 o dimcT =2 Dop@ad S'-b @ sjgh
Bogs Fotdomo T-b 3odstin 08o@dmd, Gmd ogo 1-356'bmBogmgdsbos
(dim-ol >bBom), Amammg [Hgggdol mgmago goghnnbds.

§2 bpbop dopobgdho boghgms bmpoghime mgebyds

' K I,
2o6LsbpagMgds 321 ymBdaddgd bogdggh aUmipgds  babéiguosp
3o, oy opo FohBmowaabds bobégumo ogpghmds 3dgmmo gmd-

3ebghdgdob aagBmnshgdol babom .

@boos, Bmd yagees babégero Logthgg oHob babOggoop dikgere
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ao6bobmg@gds 322, X LogAggb  gfempgds bglder dopolgdma,
o7 jeoggme 4 @ B Pygoumobogol, bews 4 ©s B stomsbodggone
dmada)@ados, s@lgdmdl alygmo babe jymom 38yamo 3B jdo M, Gmd

X\M=X,UX, bypsg X,NX,=C w> 4c X,, Bc X,
mg8s 321 ymggmoe dawebgddo X boghy bybee doobgdéos

2398303303, godgsm dowobydGo X loghgol sGomsbadgggmo jmd-
doJogdus 4 s B gohigghmm, Gmd madydbgds babéygmmo bod@bagany,
Gedgmog §obogomgob X -do o8 jmddodHgdl

X96 gobygbmm, Gmd bgdoblogho xeB FghGomo o A4 LodGogmy
(re ) aobaomgdspos Gandy babégma boddagmom Gopash Loghiy
dsobgdtos, sBodmd gmggmo yed pemylghdobsmgol shbgdmdl Af
Labégmo  bodMogany, Gmdgmoi aoboaomgdl x-b y-obspob o
X\M,=x, UX,, bsay yelX,, xeX, org 38 IGmggrghsb fiage-
HoAgdm A jmddsgdol ymgpmoe yed Faddomabogob, dogomgde mos
boddogemgon  eioblb X, f . Gofgmog  sfob  A-b gty oo
wono@gs  Gowadh A4 geuddsghos, sGlgdmdl balihgunn - Gompgbmds

Vs Vas s s Vaﬁ)@o@abnho A Jm&}adbnggoﬁ obgma, God AgLIJX,h.
tal

>ghobmm X, -0m ‘gl\’,‘ ﬂ.»'lﬂnﬁ FrX,gL}M.. a0 X,-ob babogedo

stal babéyano boldageng, Gmidgmo aobogemgdb x Faddoal A

bodhagunobogob
gbans  gobggboe, G fgdobdogho xed Fyhduma Byodgngds

aobgogammn bobégo hofdogmon B boddagarobageb.
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Gopsb boghiy dogovy  , Slodmd ymggmoe yeB a2 g8gbdo-
bogob oGlgdmdl M, bLabfigemo boddogmg, @mBgmog pobogomgdl
x-0b y-obagoh go. X\M, =X, UX,, bogog peX,, veX, omg sl
dhoEgegdel  Boge@etigdor B jmAds]gob ymggme yeB  Yyhido-
mabdmgol, dogomgdm mos belGagmgms mgabls {/\',J }M, Gudgmog
>0l B-b a0ty @os wigpbigs  Goepsh B judldadHos, sGLdmdl
Lobégeno  Gomegbds  y.1. Ly Fatdosngdobs B gmdlsiHomsb

obgme, @Ged BQUI,\’,, soghodbon X, g_UX, . @%Wob FrkX, CL'JMy
P - Tan

go. FrX, séob bobégane boddsgamg, Godgmos gobsgomgdd x §Fo@-
Gosob B boddogmmobaysh

Gowasb babegma boghgy o@ob babéygmog 3o, Angomagdor,
Geod X Gomdmoppghl  bpb@ee  dowpebgdd  Loghggh  amgds
a3Hgo3gdammos

mgds 322, gofgom S XY fyzafe obobges. eg X boghgy
Pothdmopaohigds Gmama babégme aoghoeshgds ddgmo Ja3mby6-
Bgool, dMdob Y-o3 Fotdmopyabyds, Gogmaa ddgano dmﬂs(-lﬁgﬁéabob
Lobdgeno gaghmosbjds

0338403905 gn oo ,\’=l:J‘F:, bosg F7 a0l X ol 3dgmmmdob

JB3mbghGo. gobggbom Ged Y-og Fo@dmompnbgds Grma( bab-
Gayma Gatogghmds ddgee Jmalmbgh@gdob 2236m0abgdol boboor

Sathongmag, gogom, Gl ¥ Fomdmnpanbgds, Grgmé(s 259Omasbgds

aogobo digano Jma.}mf)g(»()a?mb Y =LLA_ gobggbmm, God b M



babbmgos  gobgoboggom Y= /(0= [(UF)=US(F)  sgha@beon

H, = f(F). 45906 Y=U.H “gosmer bgdoblogha yeH goboogob H,

3o, dlguredol gmddmbyh@gdh Jodhol m0idgdbgds obgmo j0d3m-
69600, Gmd yeH, c 4, yoggeo y-obmgol  Gapgsh H, gdob éom-
©2bmds babgmos sdog0d o0 Je3mbghdadel Aamggbodsg ogbgds
bobgmo gogds @al oigdasmos

ogaBgls 321 oy /X Y béygmyagoema Anbogmbgho sbobgss
©> X bgbdae dowobgddos, 85Tob Y- bybGowe dswobgddos

033840 gds. sgogmm Y-To bgdoldogho sGamsbalyggme 4 ©s B
J0d3s]Hg00. goliggbme @Gmd >Glgdmdl bobAgm gmddmbgbdosko jma-
5o, Gmdganog aabogoengdl A-b B-bogob

Go@pob [ Legmymgomo shobges, ododmd f'(4) wo f'(B)
Fom8mopaabab 3md3sgBadh Gompob X bybor dspolgdans, s@lg
3db olbgme  jmddage M, Godgmeg FoGidmowpebgds boabegmo
Gampghmdol  jmBImbgbRgdol  aoghmeshgdol bobeo > Gm3gmog
asbagarmgdb  7(A)-b [ (B)-bash  oBg x\M=X,Ux.. bemsg
FA)cX, wo [(B)cX.; owmgboBbme f(M)=N. mgls 322-0b
dogmom, N-og bobégm 3mddmbgbHgdosbo  jdlsjdos. smgbodbmm
L= AL (V) e B=/(X V) smposmo ajgh dmeemdst
Y=rULUN, Bowsg ¥ ws Y o6 ogggmgdosh  (Fabosmiegy
AgBorbgggoTo [ 56 ofbgdegs Mabndmbgsa) £ fogghosen sbobgss
o »logmd YUN qo Y.UN foggdomgdos ¥ we ¥, Gergmég fio-
Jodomob madodgds of6yds o> Vg360Bbmm God Act,, Bol, oy



do@ore, babgan oddnbghogdosbe gddsihn N oboomydl 4 s
B boddagmmgb  go. ¥ bgbBoe  dawobyddas, ngmegds
1233040 3g0amos

0geegds 322, oy X dlgenos s U oo boddsgmgs, Godmals
bo'bgado bobifiguar ddgeno gmdloddos wo [U] v@ ool 38qema,
3506 [U]-ob yogamo geddmbyhis woss [U]-T0

0339 303gds. godpo P sdob [U)-ob JM33mbghdo. @oppsh (U]
>oddnmos, slogmd ob dgagodmas FomBugomaobmm Ygfwgae bobom
[U)=aus,, bowos, 4, > B, sthomobagggme mos-hisgg@owmn bodfg-
mwggdes [U)To 85306 P Igmob o6 A4-To of B, JagboddagmgTo ber
poremdol  Yggbommogom  Ugagodmos  gogmenebblom, Gmd Pc 4,
Gopysb X ddgeo bodmsgengs, babiagsto G=[UN\U ogggogds c-onob
> B-owb oy 4, dypmos, 85906 ogmégds  wmoddgopgdgmos
(gobooab 33 Ygdmbgggedo 4, =P) gojpn 4 s6oddgmos, aToeb
4 =4UB,, bowog 4, ws B, osésosbygggon mos-hsggdomo
LoBdogmyggdns  [Ul-Go, Pod,, 85306 obgy agodab GN4, 20,
GNB, 2D oy 4, d3dgamues, nyoegls ©9Joagdgmees, adodmd @mnd
A=P g 4, stwss ddymwe, BBk 4,=4UB, gb Gegghe gy
godmos  gagogflgenme Q»l Gowyeboz G hobégmae  dlgmo
Lotd@agangs, sdodnd G=.U.P" obty bobogetio Pomdmomygbl  3oge-
m0ohgdal babgume Gacegbmds Joimbghdgdubs  Gopash G yagmb
A-bog s By-bisg, sdoged, juggese B, b I<i<s, ?):‘i?“-lﬂ:'lml’
Gelgmopa@eb ob A-b of B-b oy gamsgigms A, Bb ob dogpe-



sbo dggs A4-TUo @opysb P JLodsgnygdio ddmmos, 35T0b P=4
@oppoh 3m33mBgbGgdal Mamwybiids bolgmos, obobo Gedgmomsgs
babdom  @smpybmds 4, B,—Ho goliFompgds  aodngogs @md P

‘Dgroob Gmdgamomags  wos fisgaByose boddogmgdo  4,, Hmdgmogg
dduanas, 85Fob P =4, mgmeyis waildgogdganos

0goAgds 323. o X dgmo me bybdee dooligdgdo boghizge
wo O, ool xeX Fyddogoob obgme Aogsd;, Gedmal babgogotdio
bobygemo ddgaros, Aol o) v Fadomobomgol dmadgdbgds O,
3dgsm0 Aogode, obgmn Gmil 0. <O,

88303930  smgboBbmm,  G=[0,]\O, G Lodksgmoel w> x
Fodmdomol aobgamgds Ugodmgds @anly bobégmse  3dgmo M
dmAdsJhom go X\M=XUX,, bopsg xeX,, GecX, oy X,UM
5Go0dyaros, 85906 mgmagls 322-0l domom, Ygodmgds sgommor x
Faddogab jmd3mbybge, Gmdgmog odbgds mos X,UM-do sBogmd
obmogg gudemgds wogydgom, Gmd X, UM 3dgmes sgopme O,-ob
P goBiobgbds, Hmdgmog dmagagh x §andoml Gopyeb X,UM 33y
wos ws (X,UMING =0, sdoged X,UMcO, wo X,UMcP. 35806
235Jgb reX, P @oppalb x Bgdobilnghio Faddogas P-psb obgma,
“md ol AosBnbosb aﬁm.s& Bgob X, -0, adogmd P oo
boAtaguugs odagotse, xePSO, go P shob x-ob ddgewe Bogodm,

ogm@gis sl jozgdgenes .

ngmAgls 324. 3phogyiio e dmA3a)dgto, ddgmwe, ygbdere ds-
woligddio X bog@zy somga@gtae digemos



RMIBg0Egds. gofgom xeX, bawag X bLybdop dswolgddos s
O, v-ub duwslms, ool babegsto G=[0,N0, 1003sd8yd0s @
Todmawaobighs baldgame Gaemubedol djmmdob mdhubyhdgdob
ao9%moshgdols babom  Goppsh X bygbdom dsmobgddos, sdodud
Foddomol o G gmddsdhob aobgomgds Ugadmgds  bobéymem
dgune M goaadBoo, Loowslisg godngeb, Ged  t-b odgb dowsdm
0.0, ws @Gudgob babwygstio babOymape ddymas, daieb mgmayds
322-0b  damoo, x Fghdogmobmgal  oGlLgdmdl  Aowsim O/ c O,
Godganag ddgmos Slagetion, ©gIPIGIe M X megsmygdor
33gmos ;myetgls aBRuEdsTes
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